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GENERAL PROBLEMS 

ISSN 1607-882915                     Journal of Thermoelectricity №1, 2017 5 

M. A. Korzhuev cand. fiz.-mat. science, M. A. Kretova, I. V. Katin 

A. A. Baikov Institute of Metallurgy and Materials Science 

Leninskiy prosp., 49, Moscow 119991, Russia,  

e-mail: korzhuev@ultra.imet.ac.ru 

CONTRIBUTION OF THE ACADEMICIAN E. CH. LENTZ TO THE  

DEVELOPMENT OF MODERN THERMOELECTRICITY 

Considered the works of the academician of the St. Petersburg Academy of Sciences E. Ch. Lenz 

(1804-1865) and his students – Ch. E. Lenz (son) (1833-1903) and M. P. Avenarius (1835-1895), 

contributed to the development of modern thermoelectricity (TE). Bibl. 25, Fig. 9, Tabl. 4. 

Key words: thermoelectricity; academician E. Ch. Lenz; the Lenz rule for induction; the Joule- 

Lens law; the Peltier efftct; maximum power mode of thermocouple; automobile thermoelectric 

generators. 

Introduction 

St. Petersburg Academy of Sciences (SPb AS) since its foundation (1724) specialized in 

natural-scientific research, many of which were carried out at the intersection of various sciences 

[1-3]. In particular, in 1745-1803 employees of St. Petersburg Academy of Sciences investigated the 

cross-effects “electricity-heat” observed in thermoelectric-active media as some dielectrics and liquid 

electrolytes [4-7]. Acad. G.-W. Rikhman (1711-1753) studied in detail the thermo-electric effect in 

sulfur and resins (1746). Acad. M. V.Lomonosov (1711-1765) described complex thermoelectric 

phenomena in the Earth's atmosphere that determine the charge of clouds (1753) [4, 5]. 

Acad. F. T. U. Aepinus (1724-1802), invited to work in St. Petersburg Academy of Sciences from 

Germany (1757), explained the pyroelectric effect in the tourmaline discovered by him in 1756 [6]. In 

turn, acad. V. V. Petrov (1763-1814) observed (1804) thermoelectric effects in galvanic cells (GC), 

which are metal-electrolyte-metal systems with mixed electron-ion conductivity [7].  

At the beginning of the nineteenth century, the scientific and technological revolution in Europe 

covered energy, communications (telegraph) and transport (railways) [8]. Accordingly, the interest of 

researchers in the new fields of the electricity has increased especially to electromagnetism, 

electrodynamics, and electromagnetic induction. A new impulse of development was also received the 

theory of thermoelectricity [9, 10].  

In 1821 T. I. Seebeck (1770-1831), working in Jena (Germany), discovered a thermoelectric 

effect in metallic thermocouples (Bi-Cu and Bi-Sb), which occurs when one of the junctions of 

thermocouples is heated or cooled. The discovery of thermoelectricity in conducting media1 has 

increased the interest in further research in this field [8-13]. In 1834, J. Peltier (1785-1845) (France), 

investigating the Bi-Sb thermocouple, established that when the electric current was passed through a 

thermocouple, depending on the direction of the current, its working junction could not only be heated 

                                                 
1 “This beautiful form of electricity” – according to M. Faraday [14]. In contrast to thermoelectrics – dielectrics 

and GC, operating in the “charge-discharge” mode, current sources based on metal thermocouples operate in a 

continuous mode, which is of considerable practical interest [13]. 
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but also cooled [8-10]. Finally, in 1856W. Thomson (Kelvin) (1824-1907) discovered the third 

thermoelectric effect (Thomson effect) associated with the release (absorption) of additional heat in 

conductors with current in the presence of temperature gradients in them [8-10]. This work is a 

continuation of research on the history of thermoelectricity in Russia [4-7]. Below we consider the 

work in the field of thermoelectricity, carried out in 1833-1884 by acad. St. Petersburg Academy of 

Sciences E. Ch. Lenz (1804-1865) [15, 16] and his students – corresponding member of 

St. Petersburg Academy Ch. E. Lenz (son) (1833-1903) and M. P. Avenarius (1835-1895) [9. 12, 17]. 

1. A Brief Historical Reference  

Emil Christianovich Lentz (Fig. 1) was born in the family of Christian Heinrich Friedrich Lenz 

(† 1817), the Chief Secretary of the magistrate of Dorpat (Russian: Yuriev, now Tartu, Estonia). The 

family belonged to an old Germanic Ostsee family. After the death of his father, with the support of 

the Lutheran community of Dorpat, he entered the Natural Science Department of the Dorpat 

University, opened in 1802 by Emperor Alexander I [3, 12, and 15]2. 

 

  
 

Teacher and mentor of E. Ch. Lentz was the rector of the university – a well-known physicist, 

E. I. Parrot (Fig. 2), who was on friendly terms with Emperor Alexander I.3 In 1823, Parrot, who 

evaluated Lentz's abilities for science, recommended him as a research physicist to the round-the-

world expedition of Captain Otto Evstafievich (Otton Augustovich) von Kocebu (1788-1846) on the 

sloop “Enterprise” (1823-1826) [18]. For the needs of the expedition, Parrot and Lenz in a short time 

jointly developed new scientific instruments: a depth-gage and a bathometer (a device for taking water 

samples and determining its temperature at various depths) [15].4 

During the expedition, Lenz conducted many oceanographic, meteorological and geophysical 

studies. He took samples of water from various depths, was engaged in determining its salinity, 

density, temperature, and studied ocean currents. As a result, he obtained the dependence of salinity of 

                                                 
2 Dorpat University (formerly Academia Gustaviana) was founded in 1644 by the Swedish king Gustav I Adolf 

and ceased to exist after the Northern War in 1712. Restored by order (1799) of Emperor Paul I (1754-1801) in 

connection with the ban on Russian students to study abroad.  
3 E. I. Parrot first described the phenomenon of osmosis, developed the designs of medical thermometers widely 

used to date. Reorganized the Physical Cabinet of St. Petersburg Academy of Sciences (1830-1840) [1, 12]. 
4 Known tip E. I. Parrot about E. Ch. Lenz: “For old age, it is encouraging to train young scientists who replace 

us and help us with the kind of art and courtesy that Mr. Lenz has repeatedly shown” (1840). 

Fig. 1. Lenz Emily Christianovich (German: Heinrich 

Friedrich Emil Lenz) (1804, Dorpat – 1865, Rome). 

He studied at the University of Dorpat. In 1827 he 

completed a thesis at Heidelberg University. Since 

1828 – adjunct, and since 1834 – Academician 

of St. Petersburg Academy of Sciences. Head of the 

Physical Cabinet of St. Petersburg Academy of 

Sciences (1830-1865). Professor of the Department of 

Physics and Physical Geography of St. Petersburg 

University. (1836), Dean of the Faculty of Physics and 

Mathematics (1840), Rector (1863) [11, 12]. The 

secret counselor [2]. (Official portrait of the RAS [3]). 
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sea water on the strength of winds and the amount of sunlight: for example, at the equator, with the 

greatest amount of sunlight, the winds are not strong. The vapors formed during evaporation remain 

above the sea surface and prevent further evaporation. Therefore, at the equator, the salinity of the 

water is less than to the north and south of it, where the trade winds are blowing [15]. Lenz also 

established that the reason for the occurrence of ocean currents are not only winds, as previously 

thought, but also differences in the density of water in different latitudes. In addition, it was possible to 

show that deep waters can be cooled to temperatures below + 4°C. When studying the atmospheric 

processes, Lenz paid special attention to the action of the energy of sunlight, which they called the 

main reason [15]. 

      
Lenz returned from the expedition by an experienced and skillful physicist-experimenter. He 

settled in St. Petersburg and devoted the next year to processing the results. The oceanographic studies 

of the scientist became the subject of a dissertation, which he successfully defended in 1827 at 

Heidelberg University. In February 1828 the scientist submitted a report to the St. Petersburg 

Academy of Sciences: “The physical observations made during the round-the-world trip under the 

command of Captain Otto von Kocebu in 1823, 1824, 1825 and 1826” [11, 15], as a result, in May 

1828 Lenz unanimously Elected as an adjunct in physic of the St. Petersburg Academy of Sciences. In 

1829-1830 Lenz took part in the expedition to Elbrus. Due to the deep snow cover, it was not possible 

to reach the summit (600 feet left). However, at the reached point of recovery, Lenz made 

measurements of atmospheric pressure, over which he established approximately the height of the 

peak (5642 m). In May 1830, Lents returned to St. Petersburg, where he was elected an extraordinary 

academician [11, 15].  

The experimental investigations in the field of electrophysics E. Ch. Lents began in 1831; the 

work conducted in the Physical Cabinet of St. Petersburg Academy of Sciences [1, 11, and 15]. The 

main works of E. H. Lents in the field of electrophysics are presented in Table 1. The sign (*) in 

Table 1 indicates works directly related to thermoelectricity, others refer to current sources that are 

widely used for supplying thermocouples. 

2. The main results of the work of E. H. Lentz in the field of electrophysics  

2.1. Verification of Ohm's law 

In 1831, Lenz constructed a sensitive galvanometer, which confirmed the validity of the basic 

law of electric circuits – Ohm's law, discovered by G. S. Ohm (1787-1854) in 1826 (1, Table 1). It is 

Fig. 2. Parrot Egor Ivanovich (German: Parrot 

Georg Friedrich von) (1767, Duchy of 

Württemberg – 1852, Helsingfors), Rector of the 

Dorpatt (Yuryev) University (1801), 

corresponding member (1811) and academician 

of St. Petersburg Academy of Sciences in applied 

mathematics (1826) and in physics (1830), 

honorary member (1840). Head of the Physical 

Cabinet of St. Petersburg Academy of Sciences 

(1830-1840). Actual State Councilor. 

(The lithography in Yuriev University). 
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believed that largely due to the results of high-precision measurements carried out by Lenz, Ohm's law 

received definitive recognition among physicists [12, 15].  

2.2. Lenz's induction rule 

In 1831, M. Faraday (1791-1887) discovered the phenomenon of electromagnetic induction 

[14]. Learning about this discovery, Lentz immediately began research, whose goal was to determine 

the general laws of this phenomenon. (2, Table 1) [15]. Lenz was interested in establishing a general 

rule for the direction of the induction current, which Faraday defined as applied to various particular 

cases of interaction of moving magnets with conductors, as well as conductors with current to each 

other.  

Table 1 

The main results of the work of E. Ch. Lentz (1804-1865) on electromagnetism and thermoelectricity5
 

№ Year  Works  Formula  Ref. 

1 1831 Verification of Ohm's Law * I = U/R [15] 

2 1833 The Lenz induction rule * E = – Ф/t [8,15] 

3 1833 The principle of equivalence of electrical machines  - [11] 

4 1835 Temperature dependence of the electrical resistivity of 

metals (Cu, brass, Fe, Pt, Ag, Au, Pb, Sn)* 

R ~ R0T [8, 15] 

5 1838 Confirmation of the Peltier effect and freezing of water 

with a thermocouple Bi-Sb* 

- [16] 

6 1842 

1843 

a) The Joule-Lenz law* 

b) The Lenz rule (½) for maximum heat release 

on the load* 

Q = I2R 

 

R = r 

[10, 15] 

 

[10, 15] 

7 1847 The reaction of the armature of electromagnetic machines  

(Together with B. S. Jacobi (1801-1804)) 

- [15] 

8 1847 Experiments on the polarization of GE electrodes  

(Together with A. S. Savelyev (1820-1860)) 

- [15] 

 

Lentz repeated the experiments of M. Faraday (Fig. 3) and found a rule later named after him6. 

 

                                                 
5 Here: I, U and R are current, voltage and resistance of the circuit; E is the induction voltage; Φ and t are the 

magnetic flux and time; R0 is the resistance of the metal at room temperature; T is the temperature change; Q is 

the heat released on the load; r is the internal resistance of the current source. 
6 M. Faraday never referred to the work of Lenz in his works on electromagnetic induction [14].  

Fig. 3. Schemes of Lenz experiments by 

induction with permanent magnets and 

circular conductors consisting of 20 turns 

of braided copper wire [15]. 
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According to the Lenz rule (2, Table 1), the induction current has such a direction that the flux 

of magnetic induction created by it through the area bounded by the contour tends to compensate for 

the change in the flux Φ that causes this current. Later it was found out that Lenz's rule has a great 

degree of generality and is connected with the law of conservation and transformation of energy, as 

well as with the principle of stability of thermodynamic systems. 

In 1847 the G. Helmholtz (1821-1894) mathematically substantiated the law of conservation of 

energy and showed that the Lenz rule is a consequence of this law in the field of electromagnetic 

phenomena. In 1884-1887 Lenz's rule was generalized by A. Le-Chatelier (1850-1936) to chemical 

reactions and by C. Brown (1850-1918) – on various physical phenomena [12]. According to the 

Le-Chatelier-Brown principle (LCB), if a system in stable equilibrium is influenced from outside by 

changing any of the equilibrium conditions (temperature, pressure, concentration, external 

electromagnetic field), then the processes aimed at compensation of external impact. The principle of 

LCB is applicable to an equilibrium of any nature – mechanical, thermal, chemical, electrical. It is also 

widely used in the field of thermoelectricity [9].  

2.3. The principle of reversibility of electrical machines 

In 1833 Lenz discovered the possibility of a reversible conversion of a magneto-electric 

machine into an electric motor (3, Table 1) [11]. Transformations of the electric machine (generator) 

into the electric motor are carried out by its simple connection to the current source, the reverse 

transformation – by mechanical rotation of the rotor of the electric motor. The reversibility of electric 

machines is explained by the same device of converters of electrical energy into mechanical energy 

and mechanical energy into electrical energy. Now this discovery of Lenz is widely used in electrical 

engineering, for example, for electrodynamic braking of trains.  

2.4. Temperature dependence of electrical resistance of metals 

In 1835, Lenz conducted a highly accurate measurement of the temperature dependence of the 

electrical resistance R of a number of metals. (Brass, Cu, Fe, Pt, Ag, Au, Pb, Sn) (4, Table 1) [8, 11]. 

He showed that when the temperature rises above room temperature, the resistance of R metals 

increases, and when cooled, it decreases linearly. According to M. Laue [8], the decrease in the 

resistivity R of metals with decreasing temperature, discovered by Lenz, was a new and unexpected 

discovery in the field of electrical conductivity, which stimulates subsequent studies in low-

temperature physics. Later, Kamerling-Ones (1853-1926) showed that in Au, Ag, and Cu there is some 

“residual” resistance R0 below which it does not decrease with decreasing temperature. On the other 

hand, in Hg, Pb, Sn, Tl, and some other metals, the phenomenon of superconductivity was discovered 

– the disappearance of the resistance to electric current (R = 0) below a certain critical temperature. On 

the other hand, in Hg, Pb, Sn, Tl, and some other metals, the phenomenon of superconductivity was 

discovered – the disappearance of the resistance to electric current (R = 0) below a certain critical 

temperature Tc (1913) [8, 10, 12].  

2.5. Checking the Peltier effect 

In 1834, Jean Charles Peltier (1785-1845) discovered a new thermoelectric effect, the reverse of 

the Seebeck effect. The effect consisted in simultaneous heating and cooling of various junctions of 

the thermocouple when electric current was passed through it [8, 10]. For the experiments, Peltier used 

a thermocouple in the form of a cross (Fig. 4a), welded from dissimilar metals n-Bi and p-Sb. (Here n- 

and p- denote the electron and hole types of conductivity of materials). Through the ends A and C of 
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the cross (Fig. 4a) Peltier passed an electric current, the change in the junction temperature he 

determined by the indications of the galvanometer G, connected to the free ends of the cross at the 

points B and D. Depending on the direction of the operating current in the AC circuit, the readings of 

the galvanometer G indicated either heating or cooling of the working junction. 

Contemporaries Peltier – A. S. Becquerel (1788-1878), A. O. De La Reeve (1801-1873) and 

others reacted with distrust to his experiments [9]. Doubts caused a small effect (temperature 

difference T ~ 1 K), as well as a non-standard measurement scheme T, assembled without the 

necessary electrical isolation of working and measuring circuits (Fig. 4a). Lenz decided to repeat the 

experiments of Peltier using a standard mercury thermometer (Fig. 4b). He described the results of his 

experiments (5, Table 1) in the journals of the St. Petersburg Academy of Sciences “Bulletin 

Scientifique de l'Academie Imperials des Sciences” [15] and “Libraries for reading” (Fig. 5) [16].  

For his experiments, Lenz used rectangular samples of Bi and Sb with a length of 4½ inches 

(English), a width and height of 4 lines (10.16 mm), the mass of the thermocouple was 215.8 g. The 

thermoelectric characteristics of the branches of the Bi-Sb thermocouple are given in Table 2 [19]. At 

the first stage of the study, the Peltier measurement scheme was used (Fig. 4a), for which the branches 

of the Bi and Sb thermocouples were soldered by tin in the middle. The current source in this 

experiment was a galvanic element (GE) of Volts with Zn and Pt electrodes, similar in parameters to 

the GE used by Peltier (emf E = 1.1 V). The effects of cooling and heating the working junction of the 

thermocouple were fixed by a galvanometer, and also using a mercury thermometer of Reaumur with a 

ball of small diameter (D = 2 lines (~ 5, 12 mm)) (Fig. 4). The results of the studies (Table 3) showed 

that the cooling effect observed by Peltier with the aid of the circuit (Fig. 4a) does indeed exist, but it 

is sufficiently small (Тcool ~ 0.84 K). When the direction of the current I was changed, the working 

junction of the thermocouple was heated (Тheat ~ 3.96 K) (Table 3).  

   

Fig. 4. The Peltier thermoelectric cross (Bi- Sb) (a) [9] and the Lenz scheme with the  

mercury thermometer T (b), which we reconstructed according to the verbal 

 description given in [16]. The polarity of the voltages and the direction of the currents  

in the circuits (arrows) correspond to the cooling effect  

of the working junction of thermocouple.  

 

Lenz explained the small values of Тcool by supplying heat to the working junction of the 

thermocouple from the measuring ends of the cross (Fig. 4a). As a result, he abandoned the 

measurement scheme (Fig. 4a). And proposed his original scheme for measuring the Peltier effect, 

where the branches of the thermocouple were soldered at the ends (Fig. 4b). In the area of the working 
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junction of the obtained thermocouple, a hole for the thermometer was drilled (Fig. 4b). The circuit 

was powered by a Volta element with Zn and Pt electrodes of increased power (the area of the plates 

was 1 square foot (~ 900 cm2)). With the help of the scheme (Fig. 4b), Lenz managed to increase 

Тcool to ~ 3.5 K (Table 3) and to demonstrate for the first time the freezing of a drop of water with the 

help of the Peltier effect. To do this, a drop of water was placed in the deepen on the working junction 

of the thermocouple (Fig. 4b). The branches of the thermocouple were cooled with snow to a 

temperature T~ 0°R (°C) and held at this temperature for 10 min. Then the current of the necessary 

direction was turned on, the freezing time of the drop of water under the current was 3 min [16].  

 

Fig.5. The first pages of the article “The Electric Experience of  

Mr. Lenz. Freezing of water by means of a galvanic jet”, published in the journal  

“Library for Reading” (1838) [16]. 

It is of interest to compare the results of Lenz's experiments with theoretical estimates of the 

magnitude of cooling effects (Fig. 4) in the framework of the modern theory of thermoelectric coolers 

[20]. The maximum value of Тcool was calculated from formula max
coolT = ½Z0T1

2, where 

Z0 = (Sb – Bi) / [(Sb κSb)
½ + (Bi κBi)

½]2  is thermoelectric figure of merit of a thermocouple,  and  

are thermo-EMF and the electrical resistivity of the branches, T1 is absolute temperature of the cold 

junction (Table 1). The optimum operating current of the thermocouples was determined from relation 

I0= T / R, where R0 = L(Sb / SSb + Bi/SBi) is electrical resistance of thermocouple, L is length of 

branches, SSb and SBi are their cross sections. The currents in the thermocouples (Fig. 4) were estimated 

according to Ohm's law: I = E/R. Here, E = 1.1 V is the EMF of the GE, R = rGE + R0 is the impedance 

of the electrical circuit, R0 is the thermocouple resistance, rGE = l/(·s) is the electrolyte resistance, 

l ~ 5 cm is the distance between the plates (Zn and Pt) of the GE,  = 1/ = 0.653 Ohmcm (20% 

H2SO4) is the specific conductivity of the electrolyte [21], s is the area of the GE plates, which was 

assumed equal to 20 cm2 in the experiment (Fig. 4a) and was a square foot (929 cm2) in the 

experiment (Fig. 4b) [16]. 
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Table 2 

The thermoelectric characteristics of the branches of the Bi-Sb thermocouple, investigated by Lenz 

[19]  

Sample Thermo-EMF 

, μV/K 

Specific 

resistance, 

106, Ohmcm 

Specific heat 

conductivity, 

, W/(mK) 

The thermoelectric figure  

of merit of materials, 

Z·10-3, 1/K 

Bi – 68  110 7.9 0.53 

Sb 35 39 24 0.13 

Estimates show that the relatively small values of Tcool observed by Lenz in the experiments 

(Fig. 4) are related to the violation of the optimization conditions for the thermocouples in the SSb/SBi 

cross section and the working current I (Table 3). According to Table 3, the operating current of 

thermocouples I, which was used by Lenz during cooling in the experiment (Fig. 4a), was smaller, and 

in the experiment (Fig. 4b) – more than optimal. In the latter case, the thermocouple operated in a 

“pulsed mode” [20], therefore, with time, the value of Tcool decreased [16]. This explains why, during 

the freezing of a drop of water in the experiment (Fig. 4b), Lenz fixed the temperature of the junction 

near T ~ 0°R (°C). In turn, due to a violation of the optimization over the cross section (Table 3), the 

bismuth branch of the thermocouple was strongly heated in comparison with the antimony branch 

[16]. This reduced the value of Tcool and substantially increased Theat (Table 3). All these effects 

were noticed and described by Lenz [16].  

Table 3 

The Peltier effects studied by Lenz on a Bi-Sb thermocouple [16], in comparison with the theory [20] 

Optimization 

conditionsnull  

№ Experiment 

and theory  

The cooling 

effect, 

Tcool, °R 

(K) 

The effect of 

heating,  

Theat, °R 

(K) 

The thermoelectric 

figure of merit of 

thermocouple, 

Z0103, 

1/K 

rGE, 

Ohm 

Operating 

current,  

I, A 

Cross 

section, 

SSb/SBi 

1 The Lenz 

experiment using 

the Peltier scheme 

(Fig. 4a)  

0.7 

(0.84) 

3.3 

(3.96) 

0.019 0.38 2.8 1 

2 The Lenz 

experiment 

according to the 

scheme (Fig. 4b)  

2.9 

(3.48) 

48 

(57.6) 

0.088 0.033 29.7 1 

3 Theory [20] 

 

10.7 

(12.8) 

- 0.284 - 17 0.35 

 

During the experiments (Fig. 4), Lenz established the direction of current I, in which the effect 

of cooling or heating was observed on the working junction of the thermocouple [16]. According to 

[16], cooling of the working junction of the thermocouple was observed when the galvanic current was 

from bismuth (n-type) to antimony (p-type) (Fig. 4). When the current passes in the opposite direction, 

the working junction of the thermocouple is heated. In this case, the direction of the current I, 

necessary to observe the effect of cooling the working junction of the thermocouple (Fig. 4), coincided 

with the direction of the current arising in the closed circuit of the thermocouple when its working 

junction was heated. This coincidence was not accidental, it is explained by the Le-Chatelier-Brown 
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principle, according to which the current I, caused by heating the working junction of the 

thermocouple, causes cooling of this junction [22]. 

2.6. The law of Joule-Lenz 

In 1842-1843 Lenz conducted a series of experiments to study the thermal action of electric 

current (6, Table 1). The experiments were carried out with copper, iron, platinum and neusilber wires 

using the installation (Fig. 6). The result of this work was an article: “On the laws of heat extraction by 

galvanic current”, in which Lentz laid out the law of the thermal action of current established by him 

[15]. According to this law:  

1. “Heating of the wire with galvanic current is proportional to the resistance of the wire”. 

2. “The heating of the wire by a galvanic current is proportional to the square of the current 

used for heating” ([15], p. 441).  

3. “With the most advantageous heat release for the circuit device, the resistance of the heated 

wire R must be equal to the resistance of the galvanic battery r”, which is ½ of the 

impedance of the circuit. (“Heat release in wires”. Reported August 11, 1843, p.443). 

 

 R = r = ½(R + r). (1) 

                                                                                             
 

Conclusions of Lenz 1 and 2 on the thermal action of the current were already known to the 

scientific community, they were discovered in 1841 by the English physicist J. Joule (1818-1889) 

[8, 10]. These Joule’s conclusions Lenz confirmed with high accuracy. For this reason, the law of 

thermal action of a current bears the name of both scientists [15]. In turn, the conclusion 3 and the 

relation (1), obtained by Lenz in the study of heat generation in the wires, were highly original [10]. 

Lenz suggested that rule of ½ (1) is universal and can be “proved for the entire region of galvanism” 

([15], p. 443). 

Later it was established that the Lenz rule (½) (1) is connected with the extreme principles of 

thermodynamics determining the maximum net power Wmax, which can be obtained from a current 

source in a closed electric circuit (Fig. 7) [22]. In [23-24], the Lenz rule (½) was generalized to 

thermal chains (Ψ = ζ/ζi = 1, here ζ and ζi are the thermal load resistance and internal resistance of the 

heat source), and in [20-21] – simultaneously on the electrical and thermal circuits of thermoelectric 

generators (TEG). It was shown that when the TEG operates in the maximum power mode (Wmax), the 

optimal ratios of their electrical and thermal resistances can deviate significantly from the Lenz rule 

(½) – (R/r ≥ 1, ζ/ζi ≥ 1) because of their interaction with each other. (Here ζi = ζh + ζhe + ζce; ζh, ζhe, and 

Fig. 6. Installation of Lenz for the 

study of heat generation in wires. A, B, 

C are the base parts; D are current 

leads (Pt); GM is a glass flask with 

alcohol; KL is a mercury 

thermometer; I is the wire being 

examined. The installation was 

powered by a Daniel battery (24 

pairs) via a Volt-agometer  

(rheostat) [15] . 



M. A. Korzhuev, M. A. Kretova, I. V. Katin 

Contribution of the academician E. Ch. Lentz to the development of modern thermoelectricity 

 Journal of Thermoelectricity №1, 2017 ISSN 1607-8829 14 

ζce, are thermal resistance of the heater, hot and cold heat exchangers. As a result, both the electrical 

and thermal parameters of the TEG require additional optimization. In this case, in the optimized Wmax  

mode, two invariants of the Lenz rule are conserved in the TEG: Uхх/2 and хх/2 – voltage and 

temperature drops on thermocouple branches corresponding to the idle mode7. The application of the 

generalized Lenz rule to automotive thermoelectric generators (ATEG) has made it possible to relate 

their low efficiency to the difficulties of heat exchange at the “exhaust gas / ATEG” boundary [25].  

 

Fig. 7. An electrical diagram illustrating the application of the Lenz rule (½) to  

closed circuits operating in maximum power mode:R = r, UR = Ur = U/2. 

Here: U and r are the internal resistance of the current source, R is the load resistance.  

 

Table 4 

Calculations of TEG parameters in various modes without taking into account (I) and taking 

into account (II) the Lenz thermal rule (½) [24, 25] 8 

№ Mode T’ M = R/r UR I W 

I.m. T  U 0 0 

S.c. T 0 0  U/r 0 

 

I 

Wmax T 1 U/2 U/(2r) U 2/(4r) 

I.m. Tхх = ½T  U 0 0 

S.c. Tхх / A 0 0 U/r 0 

 

II 

Wmax ½T А= Ψ = M0 U/2 U/(2rМ0) (U)2/(4rМ0) 

 

                                                 
7 TEG operation modes: 1) “short circuit” (s.c.) (R = 0); 2) “idling move” (i.m.) (R = ); 3) “maximum power” 

Wmax (R = r); 4) “maximum efficiency” (m.e.) ηmax = (W/Qh) max. (Here W is the net power, Qh is the input heat 

flux of the TEG). 
8 Calculations are made for (ZT) = 1, where Z is the thermoelectric figure of merit of the TEG; 0M = (1+ZT )1/2; 

T = (Th + Tc)/2; T = Th – Tc; Th are the temperatures of hot and cold junctions; r = Σrk is the total electrical 

resistance of the TEG (branches, contacts and fittings); U and UR are the total voltage in the circuit and its part 

falling on the load; А = 1 + ZTh (ζl + ζhe) / ζ + ZTc ζce/ζ; ζ = ζl + ζhe + ζsc + ζce is the total thermal resistance of the 

TEG; ζh, ζhe, ζce and  ζsc are the thermal resistances of the heater, Ψ = ζпп/ζ i; ζ i = (ζн + ζhe + ζce) is the ratio of the 

thermal resistances of the load and the heat source with heat exchangers.  
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2.7. The reaction of the armature of electromagnetic machine 

A special place in the scientific work of E. Ch. Lentz was engaged in cooperation with 

academician B. S. Yakobi, the result of which was their joint work “On the laws of electromagnets” 

(1838-1844), which describes methods for calculating electromagnets in electric machines (6, Table 1) 

[15]. Working together, the scientists established the existence in the magneto-electric machines of the 

so-called “anchor reaction effect” (ARE). The cause of ARE was the phenomenon of electromagnetic 

induction, which occurs when the collector of the electric generator opens [15]. As a result of the 

action of the ARE, the current produced by the generator turned out to be unstable, which made the 

generators less suitable for the purposes of electroforming, which was being actively developed at that 

time by B. S. Yakobi. To combat ARE, Lenz and Yacobi were suggested to move the generator 

brushes relative to the center of the collector plates. This allowed to significantly reduce the noise and 

bring the current produced to a constant one [15]. 

2.8. Experiments on the polarization of electrodes of galvanic cells 

Until the seventies of the XIX century, the most common sources of current in physical studies 

were galvanic cells (GC), which are notable for their instability. The cause of instability was for a long 

time incomprehensible to contemporaries. Indeed, on the one hand, as a result of the chemical 

reaction, the voltage U ~ 1 V was set at the terminals of the open GC, which remained constant for a 

long time. However, when the GC circuit is closed to an external load, the magnitude of the EMF E 

was rapidly decreasing. As it turned out, hydrogen began to form within the GC, covering the surface 

of the plates with a layer of bubbles. This layer, as a result of the polarization of the plates, reduced the 

voltage at the terminals of the GC. It was shown that the larger the discharge current, the more 

polarization develops and the faster the GC voltage decreases. The first weakly polarized EC in 1829 

was proposed by A. S. Becquerel (1788-1888) [12]. In 1847, E. Ch. Lenz together with A. Savelyev 

continued the study of the polarization of the GC. To eliminate polarization, it was proposed to 

introduce depolarizers capable of absorbing hydrogen in the GC. Now depolarizers are mandatory 

components of all chemical sources of current.  

Conclusion 

Academician E. Ch. Lenz considered as one of the most outstanding Russian scientists of the XIX 

century in the field of electricity and magnetism [1, 11]. The main results of his research presented in all 

textbooks of physics [10-12]. A number of factors determined Lenz success in scientific research. This is a 

high level of theoretical training combined with experimental skill, as well as pedagogical talent, which 

enabled Lents to present his works in an extremely concise and understandable form. Lentz was not a lone 

scientist; he attracted to his work the staff of the Physical Cabinet, professors of the University 

(A. S. Savelyev and others), academicians of St. Petersburg Academy of Sciences (E. I. Parrot, 

B. S. Yacobi, etc.) [1, 11, 12]. Lenz was not a lone scientist; he attracted to his work the staff of the Physics 

Cabinet, professors of the University (A. S. Savelyev and others), academicians of St. Petersburg Academy 

of Sciences (E. I. Parrot, B. S. Yacobi, etc.) [1, 11, and 12].  

In the process of work, Lenz concentrated his efforts on a narrow field of research, which allowed 

him to penetrate deeply into the essence of the problem studied. As a result, many of the results of his 

research were of the nature of scientific discoveries, undoubtedly the priority of which was recognized not 

only in Russia but also abroad [8, 10, and 11]. A large number of friends and admirers of his scientific 

talent Lenz had in Germany, where he published his scientific articles in the journal “Annals of Physics and 
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Chemistry”, published in Berlin by Academician of Berlin Academy of Sciences (1839) and Foreign 

member of St. Petersburg Academy of Sciences (1868) I. K. Poggendorff (1796-1877) [12, 15]. Being an 

excellent teacher, E. Ch. Lentz brought up a large number of students who worked in the most diverse 

fields of science. The most famous among them is chemist D. I. Mendeleev (1834-1907), naturalist 

K. A. Timiriazev (1843-1920), geographer and botanist N. N. Semenov-Tien-Shansky (1824-1914), and 

others [12, 15]. Appendix 1 contains the works of two students of E. Ch. Lenz - Ch. E. Lentz (son) and 

M. P. Avenarius, who continued the research of his teacher in the field of thermoelectricity [9, 17]9. 

Appendix 1  

Pupils and followers of E. Ch. Lenz in the field of thermoelectricity 

R. E. Lenz (son) (Fig. 8) carried out high-precision studies the effect of temperature on the 

thermal conductivity of metals (1869) [3, 9]. In 1883, he showed the possibility of using 

thermocouples for remote measurement of temperatures at large distances (up to 5 km). The 

experiments were carried out with Fe-Ag wire thermocouples, the accuracy of measuring the 

temperature difference was of ~ 0.01 K. At present, a similar method is used, for example, for remote 

measurement of temperatures in deep mines and wells [9].  

M. P. Avenarius (Fig. 9) in 1863 obtained empirically a formula for the EMF metallic 

thermocouples at large T [9, 17]:  

 

 E = (t2 – t1)[b + c(t1 + t2)] = (t2 – t1) + (t2
2 – t1

2). (2) 

 

Then he derived his formula theoretically, believing that the EMF E of the thermoelectric circuit 

is determined only by the contact differences of the metal potentials е = а + bt + сt2 on the junctions of 

the differential thermocouple at various temperatures t1 < t2. (Here:  = p – n, p and n are the 

Seebeck coefficients of the thermocouple and the branches of the p- and n-types of conductivity; b, c, 

 are the coefficients different for different materials).  

 

           
 

                                                 
9 In the autumn of 1864, E. Ch. Lenz's eyesight deteriorated sharply. For treatment, he went to Rome. 

Vision began to recover and E. Ch. Lenz could already read and write. But on February 10, 1865, a scientist 

suddenly died of a cerebral hemorrhage. He is buried in one of the Lutheran cemeteries in Rome [15]. 
 

Fig. 8. Lentz Robert Emilievich (1833-1903) – 

physicist, son of E. Ch. Lenz. He graduated from 

St. Petersburg University, read physics at the 

Institute of Technology and University. The degree 

of the master of physics was awarded for his thesis 

“On magnetic anomalies in the Gulf of Finland” 

(1862), the doctor's degree for “Studies on the 

effect of temperature on the thermal conductivity of 

metals” (1869). Corresponding member 

of St. Petersburg Academy of Sciences (1876). In 

1889, he was appointed the manager of the 

expedition of preparing state securities. 

(Official portrait of the RAS [3]. 



M. A. Korzhuev, M. A. Kretova, I. V. Katin 

Contribution of the academician E. Ch. Lentz to the development of modern thermoelectricity 

ISSN 1607-8829 Journal of Thermoelectricity №1, 2017   17 

Later, in his work “On the electric excitation force of thermoelectric elements from the point of 

view of the mechanical theory of heat”, Avenarius, in deriving formula (2), took into account the 

Thomson effect in the branches of thermocouples [17]. The need to consider this was first paid attention 

to (1874) by P. T. Thet (1831-1901) – a professor of the Royal College in Belfast (1854-1860).  

 

          
 

According to the Avenarius formula (2), depending on the magnitude and sign of the 

thermocouple coefficient , the temperature dependences E = f(T) of three types are observed. For 

 = 0, from Eq. (2) we obtain the linear dependence E = (t2 – t1) that is the law of A. Becquerel 

(1788-1878) (for example, Ni, Ir, Au-Fe thermocouples near room temperature). For  > 0, for the 

function E = f(T), we have an «  »-shaped curve (for example, thermocouples of non-silicon beams), 

and for  < 0, an «  »-shaped curve with a maximum at temperature ttm, and with a sign change E in 

the high-temperature region (thermocouples Cu-Fe, Mo-Fe, etc.). In the latter case, formula (2) could 

be transformed into the expression E = (t2 – t1)[ttm – (t2 + t1)/2], which shows that for (t2 + t1)/2 ~ ttm  

the value of E and the current direction I in a short-circuited thermocouple change sign.  

The verification of the Avenarius formula and the determination of constants in it were carried 

out by many scientists in different countries of the world [9, 17]. As a result, it was established that the 

Avenarius formula (2) is valid for most thermoelectric circuits in the region of normal and high 

temperatures [9]. 
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ВНЕСОК АКАДЕМІКА Е. Х. ЛЕНЦА В РОЗВИТОК  

СУЧАСНОЇ ТЕРМОЕЛЕКТРИКИ  

Розглянуті роботи академіка Петербурзької Академії Наук Е.Х. Ленца (1804 – 1865)і його 

учнів –Х.Е. Ленца (сина) (1833 – 1903) і М.П. Авенаріуса (1835 – 1895), що внесли вклад у 

розвиток сучасної термоелектрики (ТE). Бібл. 25, рис. 9, табл. 4. 

Ключові слова: термоелектрика; академік Е.Х. Ленц; правило індукції Ленца, закон 

Джоуля- Ленца, ефект Пельтьє, максимальна потужність термопари, автомобільні 

термоелектричні генератори. 
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ВКЛАД АКАДЕМИКА Э. Х. ЛЕНЦА В РАЗВИТИЕ  

СОВРЕМЕННОГО ТЕРМОЭЛЕКТРИЧЕСТВА  

Рассмотрены работы академика Петербургской Академии Наук Э.Х. Ленца (1804 - 1865)  и 

его учеников - Х.Э. Ленца (сына) (1833-1903) и М.П. Авенариуса (1835-1895), внесшие вклад в 

развитие современного термоэлектричества (ТЭ). Библ. 25, рис. 9, табл. 4. 

Ключевые слова: термоэлектричество, академик Э.Х. Ленца, правило индукции Ленца,, 

закон Джоуля-Ленца; эффект Пельтье, максимальная мощность термопары, автомобильные 

термоэлектрические генераторы. 
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THE FIVAZ MODEL AND PREDICTION OF 

THERMOELECTRIC MATERIALS  

This paper is concerned with the role of dimensionality reduction of thermoelectric material 

structure for increasing its thermoelectric figure of merit. It is shown that the thermoelectric figure 

of merit of a “purely two-dimensional” thermoelectric material can exceed that of a three-

dimensional crystal only when the Fermi energy of a three-dimensional crystal at absolute zero 

temperature is significantly larger than the Fermi energy of a “purely two-dimensional” material, 

which is achievable only at sufficiently small distances between the layers and (or) quantum well 

widths. In traditional thermoelectric materials this condition is poorly satisfied or not satisfied at 

all. The way out can be in using layered (superlattice) materials described by the Fivaz model. For 

this purpose they must possess very narrow allowed bands describing motion of electrons between 

the layers, which assures high degree of openness of the Fermi surface of these materials. At the 

same time, forbidden bands of these materials must be sufficiently wide so as to prevent 

conversion of impurity conduction to intrinsic in the “generator” temperature range. Traditional 

layered and superlattice materials used in electronics and thermoelectricity possess an antipodal 

property: their allowed bands are wide, and forbidden bands are narrow. Moreover, the distances 

between their layers and, hence, corresponding quantum well widths, are rather large. The totality 

of these factors significantly limits the thermoelectric figure of merit of these materials. 

On the basis of the analysis, possible optimal parameters of promising superlattice thermoelectric 

material are determined. Such material, if it were created, on the one hand would allow creating a 

thermoelectric generator with the efficiency of the order of 34% between temperatures 300 and 

500 K, and on the other hand – a cooler providing single-stage cooling from 300 to 100 K with a 

coefficient of performance about 0.3. 

Methods of search for promising thermoelectric materials described by the Fivaz model with the 

use of quantizing magnetic fields are proposed. Bibl. 32, Fig. 2. 

Key words: Fivaz model, nonparabolicity, Fermi surface, thermoelectric figure of merit, 

efficiency, coefficient of performance, quantizing magnetic field, prediction of thermoelectric 

materials. 

Introduction. Current status of the problem 

For more than two decades, substantial hopes for an increase in the figure of merit of 

thermoelectric materials have been associated with the so-called dimensionality reduction of their 

structure. In particular, in one of the fundamental works [1] devoted to this problem, a thermoelectric 

material based on bismuth telluride with quantum wells was theoretically considered. In fact, it was a 

layered material, the layers of which were separated by quantum wells. Therefore, the motion of 

charge carriers in the plane of the layers was described by the traditional effective mass 

approximation, and the motion in the perpendicular direction, although described by a parabolic 
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dispersion law, was assumed to be dimensionally quantized due to the discreteness of the 

corresponding quasi-momentum component. 

The discreteness was dictated by the condition that the carriers could not leave the well. There 

fore, the energy spectrum of charge carriers in the material was represented as  

  
22 2 2 2 2

2
1 2 3

, ,
2 2

yx
x y

kk n
E k k n

m m m d

  
    

 

 
. (1) 

In this formula, m1, m2, m3 – components of the effective mass tensor, n – dimensional 

quantization subband number, d – quantum well width. 

For this case calculations were made of the kinetic coefficients of a two-dimensional electron 

gas, following which the resulting expression was optimized with respect to chemical potential 

determined with regard to dimensional quantization of charge carrier energy spectrum. As a result, it 

was established that transition from a three-dimensional energy spectrum to a quasi-two-dimensional 

spectrum of the type (1) can increase considerably, namely by a factor of 4-6, the dimensionless 

thermoelectric figure of merit of such a structure, if quantum well width is, for example, 0.1 nm. 

However, the increase in the quantum well width results in a drastic drop of dimensionless 

thermoelectric figure of merit, and already at quantum well widths of the order of 4-8 nm it becomes 

equal to the thermoelectric figure of merit of a single-crystal bismuth telluride. 

From this standpoint, other structures of reduced dimension were also considered. For example, 

in [2], structures consisting of layers or bismuth wires were considered. Since bismuth is a semimetal 

in the single-crystal state, the semimetal-semiconductor phase transition was considered to be the main 

mechanism for increasing its thermoelectric figure of merit with decreasing dimensionality of the 

structure, as a result of which the ratio between the contributions of electrons and holes to the kinetic 

coefficients and, consequently, to the thermoelectric figure of merit, changed radically. The reason for 

phase transition was dimensional quantization of free carrier energy spectrum, owing to which partial 

overlap of valence band and conduction band was removed, and a real gap appeared between them 

which eventually caused semiconductor properties of low-dimensional structures. In so doing, in the 

case of a structure consisting of wires, owing to dimensional quantization in two directions, the gap 

width was greater and, hence, the semiconductor properties were more expressed. That is why, 

according to calculations, the thermoelectric figure of merit of a “wire superlattice” was higher than 

the figure of merit of a layered superlattice. Thus, for instance, at quantum well width 2 nm and 

temperature gradient and electric field orientation along the trigonal axis, the dimensionless 

thermoelectric figure of merit of a layered superlattice at 300 K was about 2.5, and that of a wire 

superlattice – about 6. However, these results were not proved experimentally. 

Superlattices consisting of GaAs/AlGaAs, Si-Ge layers and some others were considered as 

well. The properties of GaAs/AlGaAs superlattices widely used, for instance, in terahertz electronics, 

have been studied most thoroughly [3]. There are works on the use of superlattices based on gallium 

arsenide in thermoelectricity [4]. Superlattices based on Si-Ge have proved to be a good material for 

thermoelectric generators operating at higher temperatures than bismuth telluride [5, 6]. As generator 

medium- and high-temperature thermoelectric materials, the ZnSb/CdSb superlattices might also be of 

interest, although it is recommended to use them mainly in electronics, for example, for creating 

dynamic storage devices [7].  

While studying the thermoelectric properties of superlattices, it was well established that, other 

things being equal, their thermoelectric figure of merit turns out to be considerably (sometimes even 

an order of magnitude) higher than the thermoelectric figure of merit of “ordinary” single crystals of 
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the same chemical composition. However, even this increased figure of merit does not exceed the 

figure of merit of traditionally used prevailing “ternary” and “quaternary” alloys based on  

Bi(Sb)-Te(Se) system. Such alloys, due to their layered structure and hexagonal symmetry, even by 

themselves, as we shall show later, can be considered as “superlattices”. 

Interest in “superlattice” materials, especially for generators, is also due to the fact that tellurium 

is expensive, toxic, its reserves in tellurium-containing polymetal ores are restricted, it is just a by-

product of processing these ores and its main consumer is metallurgy, rather than thermoelectricity. At 

the same time, the need for thermoelectric modules is constantly increasing, so that high-efficient 

materials, including superlattice materials, could be worthy of competition with traditional materials 

without containing scarce, toxic and expensive components. 

All of the above is the basis for setting the task of a more detailed theoretical consideration of 

factors that can both increase and reduce the thermoelectric figure of merit of “superlattice” materials. 

This is the purpose of the present article. 

On the limitation of the figure of merit of “purely two-dimensional” superlattices 

Let us consider and compare the figure of merit of “purely two-dimensional” superlattices and 

three-dimensional single crystals in the region of impurity conduction [8]. To clarify the role played 

by dimensionality reduction of the structure “in pure form”, we will assume that both two-dimensional 

and three-dimensional electron gases are described by the isotropic effective mass approximation. By 

virtue of such approximation the relaxation time of free carrier momentum will be considered to be 

isotropic and depending on the kinetic energy   of charge carriers as a whole by the power law with 

exponent r . For this exponent by virtue of general concepts of quantum mechanics the inequality 

0.5 3.5r    is valid.  

We will also take into account that as long as the thermoelectric figure of merit ZT which is to 

be estimated is a dimensionless value, it must depend on certain dimensionless parameter or on the 

totality thereof. If as a first approximation we will consider lattice thermal conductivity of material to 

be low as compared to thermal conductivity of free carrier subsystem, in the case of isotropic and 

parabolic band spectrum of the latter the only such parameter (except for factor r) characterizing both 

material and its application conditions is the ratio of the Fermi energy 0  of electron gas in material at 

the absolute zero temperature to the average energy Bk T  of thermal motion. Through this (or its 

reciprocal) ratio the reduced chemical potential / Bk T    is found from the following equations 

written for the two-dimensional and three-dimensional cases, respectively: 

  1
0ln exp 1t     , (2) 

  1.5
0 0.5

2

3
t F   . (3) 

In these formulae, 0 0/Bt k T  . 

The corresponding expressions for the thermoelectric figure of merit of a two-dimensional 

superlattice and a three-dimensional crystal are of the form: 
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Dependences described by Eqs. (2) – (5) are shown in Fig. 1. 

    
 а)  b) 

Fig. 1. а) temperature dependences of reduced chemical potential:1 – for  

a two-dimensional superlattice; 2 – for a three-dimensional crystal; b) dependences of  

the thermoelectric figure of merit on dimensionless temperature: 1, 2 – for 

 a two-dimensional superlattice at r = – 0.5; 3.5 respectively; 

3, 4 – for a three-dimensional crystal at the same r. 

From the plots it follows that with the same values of dimensionless temperature and scattering 

factor the thermoelectric figure of merit of a three-dimensional crystal is much larger than that of a 

two-dimensional superlattice. Therefore, it is clear that at the same temperature the thermoelectric 

figure of merit of a “purely two-dimensional” superlattice can exceed the thermoelectric figure of 

merit of a three-dimensional crystal only when at absolute zero temperature the Fermi energy of 

electron gas in a “purely two-dimensional” superlattice will be much less than in a three-dimensional 

crystal. It can be shown that if scattering factor r , concentration n0 and effective masses m* of charge 

carriers in a “purely two-dimensional” superlattice and a three-dimensional crystal are identical, the 

above mentioned condition is equivalent to inequality 0.283 n0a
3  1. By virtue of this fact it is clear 

that increasing the distance a between superlattice layers, or, which is the same (at least for the 

simplest structure of identical layers), quantum well width, must significantly reduce the 

thermoelectric figure of merit of a “purely two-dimensional” superlattice. For instance, if typical for 

thermoelectric materials based on Bi(Sb)-Te(Se) system concentration of free charge carriers is 

assumed to be equal to 3∙1019сm-3, then at the well width equal to 3 nm, the above inequality is 

satisfied relatively well, but already at a double width of the well it is not satisfied.  

The situation can be slightly improved by such a combination of material parameters whereby 

not one but several quantum wells are involved in the processes of heat and electricity transfer, i.e. 

there is some dispersion of the energy of the interlayer motion of the charge carriers, by virtue of 

which the superlattices are not “purely two-dimensional”. But exactly in the same way the situation 

can be improved by the use of sharply anisotropic layered materials in which the band spectrum of 

charge carriers is described by the Fivaz model, if their parameters are optimal [9, 10]. 
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The figure of merit of superlattices described by the Fivaz model and optimization of 

their parameters 

In the framework of the Fivaz model [11] the energy spectrum of charge carriers in material is 

determined as follows: 

      zyxzyx akkk
m

kkkE cos1
2

,, 22
2





, (6) 

where kx, ky – quasi-momentum components in a plane parallel to layers, kz – quasi-momentum 

component perpendicular to layers, m* – effective mass of electron in a plane parallel to layers,   – 

half-width of a miniband describing the interlayer motion of electrons a – the distance between 

translation-equivalent layers. In the framework of such a model of energy spectrum on condition of 

electron mean free path independence of quantum numbers the dimensionless thermoelectric figure of 

merit of material is determined as follows: 
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In so doing, the dimensionless functions A0 and B0 are of the form: 
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In formulae (7) – (9), the following notation is introduced: 

02 2 02 02, ,D D B D DK t k T         , 02D  – the Fermi energy of an ideal two-dimensional 

electron gas with a quadratic dispersion law, lc  – lattice thermal conductivity of material, l  – mean 

free path of charge carriers in material. The normalized chemical potential of the free carrier 

subsystem *  was found from equation: 

 
2 1 2

2

20

2
ln 1 exp 1 0D

D

t K x

t

       
    

  
 . (10) 

Note that in the calculation of the dimensionless thermoelectric figure of merit, the thermal 

conductivity was determined under condition of no current. The Peltier heat in this case was 

disregarded, as long as we considered the region of intrinsic conductivity.  

The results of calculations of the dimensionless thermoelectric figure of merit of model 

superlattice thermoelectric material (SL TEM) with the effective electron mass 0*m m , the bulk 

carrier concentration 19 3
0 3 10 cmn   , the mean free path of charge carriers at 300 K 20 nml  , the 

lattice thermal conductivity at 300 K 2l   W/(m∙K) for different degrees of openness of the FS in 

the range of 0.01 1K   and temperatures 300 cTT K,  500 hTT K for two different values of 

a, as well as the generator efficiency between the above extreme temperatures are given in Fig. 2.  

      
 а) b) 

Fig. 2. Dependences of the dimensionless thermoelectric efficiency of SL TEM at T = 300 K (curves 1) and T = 

500 K (curves 2), as well as generator efficiency at corresponding extreme temperatures  (curves 3) for 

distances between SL TEM layers equal to  3 nm (а) and 15 nm (b), respectively. 

 

Note that the values of K < 1 correspond to closed Fermi surfaces (FS), the value of K = 1 – to 

transient FS, the values of K > 1 – to open FS. The generator efficiency when constructing the plots in 

Fig. 2 was determined by the formula: 
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From the figure it is seen that the figure of merit of SL TEM and the efficiency of generator 

significantly increase with increasing the degree of openness of the FS. For instance, for the 

considered model SL TEM at a = 3 nm the dimensionless thermoelectric figure of merit for transient 
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FS can reach 20 – 60, however, as the distance between the layers increases to 15 nm, it drops to the 

values not exceeding 0.25 even at 500 K. Accordingly, the generator efficiency between the 

corresponding extreme temperatures at a = 3 nm can reach 34%, or, in other words, 80% of the 

efficiency of the Carnot cycle, whereas at a = 3 nm it drops approximately to 4.2%, i.e. about 10% of 

the efficiency of the Carnot cycle. 

The figures of merit of the same SL TEM as cooling material between temperatures 

300KhT T  , 230KcT T   and the coefficient of performance of the cooler were calculated in a 

quite similar fashion. To determine the latter, the following formula was used: 
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The results of these calculations are given in Fig. 3. 

     
 а) b) 

Fig. 3. Dependences of the dimensionless thermoelectric figure of merit of SL TEM at T = 300 K (curves 1) and 

T = 230 K (curves 2), as well as coefficient of performance of the cooler (curves 3) for corresponding extreme 

temperatures and the distances between SL TEM layers equal to 3 nm (а) and 6 nm (b), respectively. 

From the plots it is seen that coefficient of performance at the hot side temperature equal to 

300 K, drastically increases with increasing the degree of openness of the FS and with an optimal 

combination of SL TEM parameters for the transient surface it can reach 1.9 with temperature 

difference 70 K. However, as the distance between the layers increases from 3 to 6 nm, the maximum 

(for the range 0.01 1K  ) coefficient of performance decreases approximately to 0.52. Moreover, for 

each temperature difference there is a threshold degree of openness of the FS below which this 

difference with the use of one cooling stage is unattainable. This degree, as could be expected, 

increases rather drastically with increasing distance between the layers of SL TEM. 

Thus, it turns out that to achieve high figure of merit of SL TEM, certain optimal combination 

of its parameters is needed, in particular, a combination of small distance between the layers and a 

high degree of openness of the FS. However, traditional SL TEM and layered materials based on Al-

Ga-As, Si-Ge, Bi(Sb)-Te(Se) systems possess exactly the opposite property: the distance between their 

layers is sufficiently large, and the degree of openness of the FS is small. Such their feature is good for 

special, for instance, terahertz, electronics, but not very helpful for thermoelectric applications. 

Therefore, the correct approach in this case should not consist in the mechanical transfer of traditional 
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SL materials from electronics to thermoelectricity, but in the search for or the creation of “truly 

thermoelectric” SL materials, at least for the production of thermoelectric energy converters. 

Our analysis showed that an “optimized” SL TEM might have, for instance, the following band 

parameters: a = 30 nm, m* = m0, K = 1, 41016.2  eV, and carrier concentration equal to 
16 3

0 3 10 cmn   . The energy gap of this material must be of the order of 1.74 eV. Such a wide energy 

gap is necessary in order that, in the “generator” temperature range, for example, at 500 K, the 

conductivity of the material does not change from impurity to intrinsic. The use of such material, if it 

were created, would allow increasing the generator efficiency between the temperatures 300 and 

500 K to 37.5%, and the coefficient of performance on cooling from 300 to 230 K – to 2.92. However, 

the FS of such material should have the form shown in Fig. 4, and its band parameters – possess high 

temperature stability.  

 

 

Fig. 4. The Fermi surface of possible SL TEM with a high figure of merit.  

The section of such FS with a plane parallel to layers is a circle,  

the C axis is perpendicular to the layers. 

 

Calculations show that such SL TEM, if it were created, might be also applied for subsequent 

deeper cooling, for instance, from 200 to 100K, however, in this case the coefficient of performance 

would be 0.61. Even on condition of cooling from 300 to 100 K the coefficient of performance of such 

material would be about 0.3. 

We see that our SL TEM, even though hypothetical at the moment, must have very narrow (at 

least in the direction of interlayer movement) allowed band, and, on the contrary, very wide forbidden 

band. Traditional thermoelectric materials, including those separately or together prone to formation of 

superlattices, for instance, gallium arsenide, bismuth telluride and alloys on its basis, silicon, 

germanium, zinc antimonide, cadmium antimonide and others in the overwhelming majority possess 

the opposite combination of band parameters, namely a narrow forbidden band and a wide allowed 

band. Exactly this fact determines the validity of using effective mass approximation in the theoretical 

calculation and description of the thermoelectric properties of the above materials.  

It can be demonstrated that creation of SL TEM with so high figure of merit based on silicon, 

germanium or bismuth telluride is basically impossible. Indeed, for this to be possible, the distance 

between SL TEM layers must satisfy the condition a  4m*/n0h
2. In so doing, , in any case is a 

value of the order of forbidden band width gE , and even larger, i.e. in traditional calculations  is 

assumed to be infinite, and FS seems to be consisting of identical ellipsoids. Therefore, substituting 

known parameters for silicon, namely m* = 1.26 m0, Eg = 1.12 eV, n0 = 1015 cm-3, we obtain 
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3.6a mm. It is clear that such long-period superlattices cannot exist. The situation will not change 

too much, if we have, for instance, n0 = 31019 cm-3. In this case there should be a = 210 nm, whereas 

SL TEM based on Si-Ge have the highest a about 30 nm, and their highest thermoelectric figure of 

merit does not exceed 0.75 at a = 7 nm and n0 = 31019 cm-3, though this value is an order of magnitude 

higher than the dimensionless thermoelectric figure of merit of single crystals. In the former case the 

degree of openness of the FS is 0.16, and in the latter – 0.011, which, of course, is rather far from the 

required quasi-two-dimensionality value of highly efficient SL TEM equal to unity. 

Likewise, if at n0 = 31019 cm-3, 3a  nm, m* = m0 bismuth telluride were a single-valley SL 

TEM which obeys the Fivaz model, the degree of openness of its FS would be K = 0.81  and the 

value of its dimensionless thermoelectric figure of merit  at 300 K would be equal to 30.9. However, 

in reality, taking into account that the forbidden band width of this material is equal to 0.13 eV, and, 

hence, the allowed band width is of the order of 1.3 eV (it is necessary for the validity of traditional 

approaches based on parabolic band spectrum), we have 017.0K , and, hence, the value of 

dimensionless thermoelectric figure of merit at 300 K equal to 0.531 which is completely correlated 

with the experimental data [12]. For cooling materials of Bi(Sb)-Te(Se) system the value of 

dimensionless thermoelectric figure of merit at 300 K is equal to 0.78 [13], which is matched by 

K = 0.024. 

Based on the above, one can recommend the following four methods of finding promising SL 

TEM, including those described by the Fivaz model, by means of quantizing magnetic fields [14-16]: 

1) study of Shubnikov-de-Haas oscillations in quasi-classical magnetic fields at helium 

temperatures, including study of the magnetic field dependence of oscillation amplitude; 

2) selection of materials by the presence of negative longitudinal magnetoresistance section 

and its expressed minimum in ultra-quantum magnetic fields, if these are achievable; 

3) selection of materials according to the degree of roundness of power factor peak in ultra-

quantum magnetic fields; 

4) selection of materials by the degree of manifestation of negative longitudinal 

magnetoresistance at higher temperatures. 

The above methods should be supplemented with measurement of free carrier concentration by 

means of the Hall effect and X-ray diffraction control of interlayer distance. 

Conclusions and recommendations 

1. Conditions for the high figure of merit of quasi-two-dimensional thermoelectric materials are 

established. 

2. Formulae for the figure of merit of thermoelectric materials described by the Fivaz model 

and the generator efficiency and the refrigerator coefficient of performance are derived 

depending on the degree of nonparabolicity of material band spectrum. 

3. It is established that the generator efficiency and the refrigerator coefficient of performance 

drastically increase with increasing degree of nonparabolicity of material band spectrum, but 

drastically decrease with increasing distance between the layers. 

4. Possible parameters of a promising high-figure-of-merit layered thermoelectric material 

described by the Fivaz model are evaluated.  

A number of methods of search for promising layered thermoelectric materials with the use of 

quantizing magnetic fields are proposed. 
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МОДЕЛЬ ФІВАЗА Й ПЕРЕДБАЧЕННЯ  

ТЕРМОЕЛЕКТРИЧНИХ МАТЕРІАЛІВ 

У роботі розглянута роль зниження розмірності структури термоелектричного 

матеріалу в підвищенні його термоелектричної ефективності. Показано, що 

термоелектрична ефективність «чисто двовимірного» термоелектричного матеріалу 

може перевищувати термоелектричну ефективність тривимірного кристалу лише тоді, 

коли енергія Фермі тривимірного кристалу при абсолютному нулі температури суттєво 

більша, ніж енергія Фермі «чисто двовимірного» матеріалу, що здійсненне тільки при 

досить малих відстанях між шарами й (або) ширинах квантових ям. У традиційних 

термоелектричних матеріалах ця умова виконується погано або не виконується зовсім. 

Вихід зі становища може полягати у використанні шаруватих (надграткових) матеріалів, 

описуваних моделлю Фіваза. Для цього вони повинні мати досить  вузькі дозволені зони, що 

описують рух електронів між шарами, що забезпечує високий ступінь відкритості 

поверхні Фермі цих матеріалів. У той же час заборонені зони цих матеріалів повинні бути 

досить широкими для того, щоб  перешкодити перетворенню домішкової провідності у 

власну в «генераторному» діапазоні температур. Традиційні шаруваті й надграткові 

матеріали, використовувані в електроніці та термоелектриці, мають діаметрально 

протилежну властивість: їх дозволені зони широкі, а заборонені – вузькі. Окрім того, 

відстані між їх шарами, і, отже, відповідні ширини квантових ям, досить великі. Зазначені 

фактори в сукупності суттєво обмежують термоелектричну ефективність цих 

матеріалів. На підставі проведеного аналізу визначені можливі оптимальні параметри 

перспективного надграткового термоелектричного матеріалу. Такий матеріал, якби він 

був створений, дозволив би з одного боку створити термоелектричний генератор з ККД 

порядку 34 % між температурами 300 і 500 К, а з іншого – охолоджувач, що забезпечує 

однокаскадне охолодження з 300 до 100 К з охолоджувальним коефіцієнтом близько 0.3. 

Запропоновано методики пошуку перспективних термоелектричних матеріалів, описуваних 

моделлю Фіваза, із застосуванням квантуючих магнітних полів. Бібл. 15, рис. 4. 

Ключові слова: модель Фіваза, непараболічність, поверхня Фермі, термоелектрична 

добротність, коефіцієнт корисної дії,холодильний коефіцієнт, квантуюче магнітне поле, 

передбачення термоелектричних матеріалів. 
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В работе рассмотрена роль понижения размерности структуры термоэлектрического 

материала в повышении его термоэлектрической эффективности. Показано, что 

термоэлектрическая эффективность «чисто двумерного» термоэлектрического 

материала может превышать термоэлектрическую эффективность трехмерного 

кристалла лишь тогда, когда энергия Ферми трехмерного кристалла при абсолютном нуле 

температуры существенно больше, чем энергия Ферми «чисто двумерного» материала, 

что осуществимо только при достаточно малых расстояниях между слоями и (или) 

ширинах квантовых ям. В традиционных термоэлектрических материалах это условие 

выполняется плохо либо не выполняется вовсе. Выход из положения может состоять в 

использовании слоистых (сверхрешеточных) материалов, описываемых моделью Фиваза. 

Для этого они должны обладать весьма  узкими разрешенными зонами, описывающими 

движение электронов между слоями, что обеспечивает высокую степень открытости 

поверхности Ферми этих материалов. В  то же время запрещенные зоны этих материалов 

должны быть достаточно широкими с тем, чтобы  воспрепятствовать превращению 

примесной проводимости в собственную в «генераторном» диапазоне температур. 

Традиционные слоистые и сверхрешеточные материалы, используемые в электронике и 

термоэлектричестве, обладают диаметрально противоположным свойством: их 

разрешенные зоны широки, а запрещенные узки. Кроме того, расстояния между их слоями, 

и, следовательно, соответствующие ширины квантовых ям, достаточно велики. 

Указанные факторы в совокупности существенно ограничивают термоэлектрическую 

эффективность этих материалов. На основании проведенного анализа определены 

возможные оптимальные параметры перспективного сверхрешеточного 

термоэлектрического материала. Такой материал, будь он создан, позволил бы с одной 

стороны создать термоэлектрический генератор с КПД порядка 34% между 

температурами 300 и 500К, а с другой – холодильник, обеспечивающий однокаскадное 

охлаждение с 300 до 100К с холодильным коэффициентом около 0.3. Предложены 

методики поиска перспективных термоэлектрических материалов, описываемых моделью 

Фиваза, с применением квантующих магнитных полей. Библ. 32, рис. 2. 

Ключевые слова: модель Фиваза, непараболичность, поверхность Ферми, 

термоэлектрическая добротность, коэфициент полезного действия, холодильный 

коэфициент, квантующее магнитное поле, прогнозирование термоэлектрических 

материалов. 
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RESEARCH ON A THERMOELECTRIC DEVICE FOR THERMOPUNCTURE 

The paper deals with a thermoelectric device for thermopuncture. The results of mathematical 

simulation of the work of device for thermopuncture are presented. Single-dimensional theoretical 

plots of temperature distribution in heating and cooling modes are given. Bibl. 9, Fig. 5 

Key words: biologically active point, thermoelectric system, thermopile, thermal impact, thermal 

field, mathematical model, prototype, experiment. 

Introduction 

In contemporary context, the priority is the impact on the human body of natural physical 

factors. Among them, a widely used and effective method of medical rehabilitation is a local thermal 

effect. [1]. 

The mechanism of thermotherapy is quite complex and consists of local and general reactions. 

With the impact on biologically active points, of interest is local focal reaction which is manifested in 

improving blood and lymph circulation and neurotrophic processes. Cold and thermal effects act on 

the skin, most closely associated with the central nervous system. By irritating peripheral receptors in 

this way, the temperature factor affects the entire body. The thermal effect on the reflexogenic zones 

of the human body, which is defined as puncture physiotherapy, has the following therapeutic effect 

on the body [2]: pain killing (gipalgesia, less often analgesia); more intensive formation of certain 

types of neurohumoral substances; normalization of many components of the mediator exchange; 

normalization of vegetoendocrinic functions; improvement of microcirculation in many organs and 

systems; normalization of arterial and venous pressure; antidepressant and sedative action. 

Currently used means for cold impact on the biologically active points are represented by 

cryoprobes of various configurations which outperformed the reaction of classical acupuncture: from 

cryoreflexotherapy 84% of improvements, from a needle – 52.3% [3]. 

In most cases, the method of heating the biologically active points of the body is used, which, 

with reduced body resistance, often gives a more pronounced therapeutic effect compared with 

acupuncture at the same indications. Warming can be used alone or in combination with acupuncture. 

There are two main types of thermal effects: remote and contact. Remote thermopuncture is carried 

out with the help of wormwood cigars. Contact thermopuncture is very consistent with most areas of 

alternative medicine and is effective in conjunction with finger point massage. To cool or heat a 

limited area of the skin, various skin-temperature instruments are also used [1, 4]. 

The methods and tools cited have various drawbacks. Thus, the supply of temperature stimuli 

with the help of skin-temperature instruments (“temperature boxes”) and other devices used for this 
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purpose – thermodes filled with water or ice, does not provide an accurate dosage of thermal irritation 

and requires further improvement. In addition, all of the above methods do not have the possibility of 

combined exposure to various physical factors, the consequence of which is the lack of modern tools 

that would ensure the effectiveness of treatment. 

Taking into account these aspects, the thermoelectric method of creating a local thermal effect, 

in comparison with other methods, has proved to be out of competition [5, 6], since the 

thermopuncture technique requires both cold and thermal effects with pulses of certain duration. The 

required contrast mode of action is possible by simply switching the current direction [7, 8]. 

In this connection, the purpose of the work is to investigate the thermoelectric device for 

thermopuncture, to study the processes taking place in it taking into account the influence of the object 

parameters and the characteristics of thermopiles. 

The design of a thermoelectric device for thermopuncture comprises a cylindrical housing 

equipped with a threaded lid sealing the housing with a rubber gasket. The housing is divided into 

sections by the finning of a sleeve made of high-heat-conducting metal and pressed into the opposite 

end of the housing. A threaded hole is made in the sleeve into which the working head is screwed, also 

made of high-heat-conducting metal in the form of a screw with a flat cap in contact with the first 

junctions of the thermopile. A washer with a thread on which a hemispherical nozzle is mounted is 

connected to the second junctions of the thermopile in thermal contact with them. The thermopile is 

electrically connected to the voltage polarity switch and an adjustable current source [9]. 

Mathematical simulation of a thermoelectric device for local thermal effect on the 

reflex zones of human body 

A mathematical model of a device for local thermal effect on the reflex zones of human body 

was developed. This mathematical model considers the device as a set of elements – heat-exchange 

devices assuring the temperature of effect on the biological object within the required time to the 

necessary value.  

 

 

 

 

 

 

 

 

 

 

Fig. 1. Physical model of TE device. 

A physical model of the device consisting of adjoining layers is shown in Fig 1. Layer 1 of 

thickness 1L  is a thermopile brought into thermal contact with a hemispherical nozzle. Layer 2 of 

thickness 2 1L L  is a nozzle, layer 3 of thickness is a biological object. It is assumed that this system 

is isolated from the lateral and top surfaces. 

Mathematical formulation of the problem of heat exchange calculation for such a model is of 

the form: 
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where 1 2 3,  ,  T T T  is temperature distribution across the thickness of the thermopile, nozzle, biological 

object; 1 1, r I  is resistance and supply current of the thermopile; 1 2 3, ,      is thermal conductivity 

coefficient of the thermopile, nozzle, biological object, respectively; extq  is the amount of heat release 

per unit time in the biological object; 1.extT  is the temperature of the thermopile external junctions; 0.1q
 

is heat flux on the internal thermopile junctions arising due to (absorption, release) of the Peltier heat; 

f
 
is friction coefficient in case of displacement of the nozzle along the surface of the biological 

object;    is travel speed of the nozzle; P is nozzle pressure on the biological object.  

Calculations were performed at 1 1.ext 2 20T T T   С, T3 = 36.6°C, 1 = 0.6 W/(mK), 

2 = 10 W/(mK), 3 = 0.25 W/(mK), extq = 40 W/m2, f = 0.5,  = 0.01, P =1000 N/m2, 

0.1q = – 3000 W/m2 (in cooling mode), 0.1q = 4000 W/m2  (in heating mode).  

Solution of system (1)-(3) with the boundary conditions (4)-(8) can be presented as follows: 
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where integration constants С11, С12, С13, С21, С22, С23 are found from the solution of the system of 

equations 
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Equations (9)-(11) describe temperature distribution across the thickness of each layer in the 

system, with regard to heat fluxes on the internal thermopile junctions, parameters of the biological 

object and the nozzle.  

The results of calculations using these dependences are shown in Figs. 2-5. 
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Fig. 2. Temperature distribution across the thickness of 

the biological object at q01 = 4000 W/m2 in heating mode. 

Fig. 3. Temperature distribution in thermopile at  

q1 = 4000 W/m2 in heating mode and 

q01 = –3000 W/m2 in cooling mode. 
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Fig. 4. Temperature distribution across the thickness of 

the biological object at q01 = –3000 W/m2  

in cooling mode. 

Fig. 5. Dependence of biological object 

temperature at the depth of 0.025 m on 

thermopile cooling capacity in cooling and 

heating mode. 

 

Of greatest interest are the dependences which determine temperature distribution across the 

thickness of the biological object (Fig. 2). In this case, there is practically no temperature difference 

across the thickness of the biological object. This is due to the availability of intensive heat removal 

from the biological object and its own, low specific heat release of the biological object as compared 

to heat flux from its surface, as well as consideration of steady-state mode of the “device-biological 

object” system. 

For the model under consideration Fig. 5 shows a plot of the biological object temperature at 

the depth of 0.025 m (the lower skin boundary) on thermopile cooling capacity. 

According to the plot, the dependence is practically linear, and the necessary range of thermal 

effect corresponds to thermopile cooling capacity of the order of 30 W, which determines quite 

acceptable value of energy consumption. 
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Conclusions 

Based on the calculations performed, the following conclusions can be made: 

1. One of the efficient physiotherapeutic methods of prophylaxis, treatment and rehabilitation 

of various diseases is local thermal impact on the biologically active points of human body. This 

procedure can be implemented due to the use of a thermopile as a source of heat and cold.  

2. A design of thermoelectric device for thermopuncture has been developed consisting of 

current source and control unit which supply to thermopile current of the necessary value and polarity 

depending on the assigned temperature of hemispherical nozzle. 

3. A mathematical model of thermoelectric system has been proposed which considers a 

device as a unified set of elements – heat-exchange devices assuring the temperature of impact on the 

biological object within the required time to the necessary value. 

4. It has been established that under a local temperature effect on the biological object there is 

no essential temperature drop across its thickness. This aspect makes it possible to assert that the 

proposed device is safe to use, since at a temperature effect on a biologically active point there is no 

parasitic thermal field affecting the nearby organs and tissues. 

5. The developed device has low energy consumption, since the necessary range of thermal 

impact corresponds to cooling capacity and heat production of thermopile.  

6. The results of theoretical studies of the thermoelectric device for thermopuncture showed 

its undeniable advantages when used in practice.   
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У роботі розглянуто термоелектричний пристрій для термопунктури. Представлені 

результати математичного моделювання роботи пристрою для термопунктури. Наведені 
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THERMOELECTRIC EFFICIENCY OF  

A p-n-MODULE FORMED  

FROM ORGANIC MATERIALS 

We analyze the thermoelectric properties of p-type tetrathiotetracene-iodide crystals, TTT2I3 and 

of n-type tetrathiotetracene-tetracyanoquinodimethane crystals, TTT(TCNQ)2 in the frame of a 

more complete 3D physical model. It is shown that in order to increase the thermoelectric 

efficiency it is necessary to decrease the carrier concentration in crystals of p-type and to 

increase in those of n-type in comparison with the stoichiometric ones. Considered crystals 

admit nonstoichiometric composition. Optimal parameters are determined in order to achieve as 

high as possible values of thermoelectric figure of merit ZT. The thermoelectric efficiency of a p-

n-module is modelled as function of crystal parameters. Bibl. 17, Tab. 1. 

Key words: organic crystals, thermoelectric efficiency, thermoelectric figure of merit,  

p-n-module, tetrathiotetracene-iodide, tetrathiotetracene-tetracyanoquinodimethane. 

Introduction 

The search and investigation of more efficient thermoelectric materials continue to be an 

important and timely problem of solid-state physics. In the last years, organic compounds attract 

more and more attention as materials that are less expensive, have more diverse and often unusual 

properties in comparison with their inorganic counterparts. The molecular structure of these 

compounds can be easily modified to tune the desirable physical and chemical properties. Besides, 

the organic materials usually have low thermal conductivity and are friendly with the environment. 

Therefore, organic materials are good candidates for applications in cooling systems and in 

conversion of enormous waste heat into electrical energy.  

The main parameter that determines the thermoelectric performance of a given material is the 

dimensionless thermoelectric figure of merit ZT, where T is the operating temperature. Now the 

largest commercially applied thermoelectric materials on the basis of Bi2Te3 have ZT ~ 1 near room 

T. It is a rather low value. Therefore, now the commercialization of thermoelectric devices has still 

limited applications. Nevertheless, one can mention the mass production of miniature thermoelectric 

modules destined to maintain constant temperatures in the laser diodes [1], climate control seats 

installed in hundreds of thousands of vehicles each year [2], portable beverage coolers [3] and other 

applications, including cosmic ones.  

A value of ZT  3 would make the solid-state convertors economically competitive with the 

ordinary used ones. Important progress in the growth of ZT has been obtained in low dimensional 

inorganic structures. A value of ZT ~ 3 has been reported in PbTeSe quantum dot superlattices [4] 

and even ZT ~ 3.5 [5]. However, these values have been realized in very sophisticated, 
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technologically complicated and very expensive structures. Nevertheless, it is demonstrated that such 

high values of ZT are possible.  

The thermoelectric parameters of organic materials are improved, too. In poly 

(3, 4-ethylenedioxythiophene) (PEDOT) doped by poly(styrenesulphonate) (PSS) thin films of  

p-type a value of ZT = 0.42 at room temperature has been measured [6]. Even ZT ~ 1 has been 

reported in PP-PEDOT/Tos [7] films. We have predicted high values of ZT in some quasi-one-

dimensional (Q1D) organic crystals, including those of p-type tetrathiotetracene-iodide, TTT2I3 [8] 

and of n-type tetrathiotetracene-tetracyanoquinodimethane, TTT(TCNQ)2 [9]. 

In this paper, we study the thermoelectric properties of p-type crystals, TTT2I3 and of n-type, 

TTT(TCNQ)2 in the frame of a more complete three-dimensional (3D) physical model. This model 

becomes rather cumbersome, but it permits to perform realistic modeling and to determine the 

optimal crystal parameters in order to achieve the maximum values of the thermoelectric figure of 

merit. In addition, it permits to determine the limitation of the improvement of thermoelectric 

proprieties that impose the carrier scattering on neighboring conductive chains.    

Crystals with improved degree of perfection are considered. Due to the violation of the 

Wiedemann-Franz law and the diminution of the Lorentz number, in these crystals the growth of 

electrical conductivity is accompanied with a reduced growth of the electronic thermal conductivity. 

This is favorable for the increase of thermoelectric figure of merit ZT. Optimal parameters are 

determined in order to achieve as high as possible values of ZT. The thermoelectric efficiency 

of a p-n-module is modelled as function of crystal parameters.  

Efficiency of a thermoelectric convertor in the regime of electricity generation 

The efficiency of a thermoelectric convertor for electricity generation is determined by the 

parameter η, defined as: 

 η /E Q , (1) 

where E is the energy provided to the load and Q is the heat energy absorbed at hot junction. Usually, 

η is measured in percents and its value depends on ZT of both p- and n-type materials used. The 

dimensionless figure of merit ZT = σS2T/κ, where σ is the electrical conductivity, S is the Seebeck 

coefficient and κ is the thermal conductivity of the considered material. The thermal conductivity  

κ = κph + κe, where κph is the phonon contribution and κe is the electronic contribution to κ. Values of 

ZT as high as possible are needed. One may think that for this it is sufficiently to increase 

simultaneously σ and S and to decrease κ. However, σ, S and κ are independent of each other. The 

increase of σ leads to decrease of S and to increase of κe and vice versa. Therefore, ordinary 

commercial thermoelectric devices made of Bi2Te3/Sb2Te3 for near room temperature applications 

and of PbTe for higher temperature applications have a ZT of around one. New, more sophisticated 

materials are needed in order to overcome the interdependence of σ, S and κe. 

The thermoelectric convertors are formed from a series of thermocouples, each made of two 

legs of n-and p-type materials [10]. As an example, HZ-14 module developed by Hi-Z Company, has 

6.27 cm by 6.27 cm ceramic area with 49 p-n pairs of bismuth telluride based semiconductors and a 

thickness of about 5 mm (see [11] available at http://www.hi-z.com/hz-14.html.) The module 

provides 25 W (5% efficiency) output for a temperature difference of 300°C.  

The maximum efficiency ηmax is given by 
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where Th is the temperature at hot side, Tc is the temperature at the surface of cooled side and Tav is 

the average temperature Tav = (Th + Tc)/2. The first factor in (2) is the efficiency of the Carnot cycle.  

ZTav is the dimensionless figure of merit of the device, which takes into consideration the 

thermoelectric figures of merit of both of n-and p-type materials. Geometrical optimization with 

respect to legs sections yields [12]: 
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where σn, σp, Sn, Sp, κn, and κp are the electrical conductivities, Seebeck coefficients and thermal 

conductivities of n-and p-type materials, respectively. 

Organic material of p-type 

In the previous publications [8, 13 – 17] we have demonstrated that the nanostructured crystals 

of TTT2I3 are very promising thermoelectric materials of p-type. The crystals have needle-like form 

of the length of 6-12 mm and thickness of 30 – 60 μm almost ready for thermoelectric legs. The 

lattice constants a = 18.35 Å, b = 4.96 Å, c = 18.46 Å show a pronounced quasi-one-dimensional 

structure of the crystal. As a result, the electrical conductivity along conductive TTT chains p is 

almost three orders of magnitude higher than in transversal directions. The carriers are holes. The 

width of conduction band along TTT chains is 4w1 = 0.64 eV (~ 25 k0T0, T0 = 300 K), where w1 is the 

transfer energy of hole from a given molecule to the nearest one in the b direction. The matrix 

element of electron-phonon interactions takes into account two main interactions. The first 

interaction is caused by the variation of transfer energies w1, w2 and w3 of a hole from the given 

molecule to the nearest ones along lattice vectors, due to molecular vibrations and is similar to that of 

deformation potential. Three coupling constants of this mechanism are proportional to the derivatives 

w1', w2', w3' with respect to the intermolecular distance of the transfer energies. The second 

interaction is determined by the variation, due to the same molecular vibrations, of polarization 

energy of molecules surrounding the conduction hole and is similar to that of polaron, but is 

determined by induced polarization. The coupling constant is proportional to the mean polarizability 

of the molecule α0. It is very important to consider both these interactions together, because the 

interference between them leads to their compensation for some states in the conduction band. As a 

result, the conductivity σ increases considerably, especially in crystals with high degree of purity. 

The thermopower S grows too, however the electronic thermal conductivity κe grows in a  

smaller degree. 

The electrical conductivity p, Seebeck coefficient Sp and electronic thermal conductivity κe 

have been modelled in a more complete 3D model as functions of the dimensionless Fermi energy εF 

in unities of 2w1 for crystals with different degrees of perfection described by the parameter D0. For 

D0 the following values were chosen: 0.1 which corresponds to crystals grown by gas phase method 

with stoichiometric electrical conductivity p ~ 106 -1m-1; 0.02 which correspond to purer crystals 

grown also by gas phase method with somewhat higher p ~ 3106 -1m-1, not obtained yet, and 

0.004 which corresponds to even more perfect crystals with p ~ 6.2106 -1m-1. For these three sets 
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of crystals, the impurity concentrations are expected to be 51018 cm-3, 1018 cm-3 and 21017 cm-3, 

respectively, or crystal purity: 99.6 %, 99.92 % and 99.98 %. These values of purity are achievable.  

Some sets of values for p, Sp and κp are presented below in the Table 1 with κL = 0.6 Wm-1K-1.  

Organic material of n-type 

Organic crystals of n-type TTT(TCNQ)2 [9] have the aspect of dark-violet needles of the length 

of 3 – 6 mm. The internal crystal structure consists of molecular chains of TTT and TCNQ arranged 

along one highly conducting direction, c-axis. The lattice constants are c = 3.75 Å, b = 12.97 Å and 

a = 19.15 Å. The crystal has also a quasi-one-dimensional structure. The conductivity of TCNQ 

chains is much higher than that of TTT chains and the carriers are electrons.  

The overlap of molecular orbitals of nearest molecules along the TCNQ chain generates a 

narrow conduction band of the width 4w1 = 0.5 eV (~ 19k0T0, T0 = 300 K), where w1 is the transfer 

energy of an electron from a given molecule to the nearest one in the c direction. In transversal to 

chains directions the transfer energies are small and the transport mechanism is of hopping-type. The 

internal structure of TTT(TCNQ)2 crystals is similar to that of TTT2I3. As in the case of TTT2I3, two 

electron-phonon interactions are considered: one of the type of deformation potential and other 

similar to that of polaron. The scattering on impurities and defects is described by the parameter D0. 

The numerical calculations of thermoelectric coefficients were performed for crystals with different 

degrees of purity and respectively D0 = 0.1, 0.04, 0.02 at room temperature. Some sets of values for 

n, Sn and κn are presented below in the Table, where κL = 0.4 Wm-1K-1.  

Let us consider a thermoelectric module constructed of a n-leg formed from a n-type 

TTT(TCNQ)2 and a p-leg from TTT2I3, working in a regime of power generation. 

In Table numerical data for σn, σp, Sn, Sp, κn, and κp are extracted from the previous 

calculations. The figure of merit ZTav of the p-n-module and maximum efficiency ηmax are calculated 

after (2) and (3).  

Table  

Calculations of ZTav and of maximum efficiency ηmax of the p-n-module 

σn,  

Ω-1m-1 

εF 

n-leg 

Sn 

μVK-1 

κn = κe + κL 

Wm-1K-1 

σp 

Ω-1m-1 

εF 

p-leg 

Sp 

μVK-1 

κp= κe+κL 

Wm-1K-1 

ZTav ηmax 

% 

3.0×105 0.90 -170 4.4 7.5×105 0.09 300 3.1 2.53 13 

7.0×105 1.00 -181 6.5 8.0×105 0.10 280 3.3 3.2 14 

7.5×105 1.05 -183 7.8 12×105 0.15 226 4.3 2.5 13 

11×105 1.10 -182 8.5 21×105 0.20 200 5.8 2.9 14 

13×105 1.15 -177 9.2 26×105 0.25 145 7.3 2.1 12 

19×105 1.20 -161 9.8 48×105 0.30 110 8.6 2.2 12 

25×105 1.25 -146 10.2 54×105 0.35 60 9.6 1.5 9.8 

11×105 1.10 -182 8.5 8.0×105 0.10 280 3.3 3.6 15 

13×105 1.15 -177 9.2 8.0×105 0.10 280 3.3 3.7 15.7 
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The efficiency is not high, because these organic materials admit the highest temperature  

Th = 480 K. We have put Tc = 300 K, so that the temperature difference is only ΔT = 180 K. For such 

small ΔT, the ideal Carnot efficiency is only 37.5%. Nevertheless, efficiencies ~ 12 – 15% for 

thermoelectric modules are predicted. Even if it will be possible to realize only one-half of predicted 

values, efficiencies ~ 6 – 8% for the conversion of low-temperature waste heat are very good results. 

These values are higher than those realized in a p-n-module on the basis of bismuth-telluride 

materials for ΔT = 300 K [11]. Moreover, considered here organic materials could be used in the 

low-temperature cascade of TE generators working at a larger ΔT in order to improve the overall 

efficiency.  

From Table it is seen that the highest efficiency is achieved when both n- and p-legs have 

optimal parameters.  

Conclusions 

The maximum thermoelectric efficiency ηmax has been calculated for a p-n-module formed 

from p-type tetrathiotetracene-iodide crystals, TTT2I3 and of n-type tetrathiotetracene-

tetracyanoquinodimethane quasi-one-dimensional crystals, TTT(TCNQ)2. Two electron-phonon 

interactions are considered: one is of the type of deformation potential and the other is similar to that 

of polaron. The scattering on impurities and defects is described by the parameter D0. Crystals with 

improved degree of perfection are considered. Due to the violation of the Wiedemann-Franz law and 

the diminution of the Lorentz number, in these crystals the growth of electrical conductivity is 

accompanied with a reduced growth of the electronic thermal conductivity. In Table different values 

of the electrical conductivity σn, σp, Seebeck coefficient Sn, Sp, and electronic thermal conductivity 

κn, κp for n- and p-type materials are presented. The dimensionless figure of merit of the p-n-module 

ZTav and the maximum thermoelectric efficiency ηmax are presented, too. Efficiencies of the order of 

12 – 15% are predicted, very promising for the conversion of low-temperature waste heat into 

electrical energy. Considered here organic materials could be also used in the low temperature 

cascade of TE generators working in larger temperature intervals ΔT in order to improve the overall 

efficiency. 
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ТЕРМОЕЛЕКТРИЧНИЙ ККД p-n-МОДУЛЯ,  

ОТРИМАНОГО З ОРГАНІЧНИХ МАТЕРІАЛІВ 

Нами проаналізовано термоелектричні властивості кристалів йодида 

тетратіотетрацену  

p-типу, TTT2I3, і кристалів тетратіотетрацену-тетрацианохінодиметану n-типу, 

TTT(TCNQ)2, у рамках більш повної 3D фізичної моделі. Показано, що для підвищення 

термоелектричного ККД концентрацію носіїв необхідно зменшити в кристалах p-типу й 
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збільшити в кристалах n-типу в порівнянні зі стехіометричними. Розглянуті кристали 

можуть мати нестехіометричний склад. Визначено оптимальні параметри для 

досягнення якомога більш високих значень термоелектричної добротності. 

Термоелектричний ККД p-n-модуля моделюється як функція параметрів кристалу.  

Бібл. 17, табл. 1. 

Ключові слова: органічні кристали, термоелектричний ККД, термоелектрична 

добротність,  

p-n-модуль, йодид тетратіотетрацену, тетратіотетрацен-тетрацианохінодиметан. 
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ТЕРМОЭЛЕКТРИЧЕСКИЙ КПД p-n-МОДУЛЯ,  

ПОЛУЧЕННОГО ИЗ ОРГАНИЧЕСКИХ МАТЕРИАЛОВ 

Нами проанализированы термоэлектрические свойства кристаллов иодида 

тетратиотетрацена p-типа, TTT2I3, и кристаллов тетратиотетрацена-

тетрацианохинодиметана n-типа, TTT(TCNQ)2, в рамках более полной 3D физической 

модели. Показано, что для повышения термоэлектрического КПД концентрацию 

носителей необходимо уменьшить в кристаллах p-типа и увеличить в кристаллах n-типа 

по сравнению со стехиометрическими. Рассмотренные кристаллы могут иметь 

нестехиометрический состав. Определены оптимальные параметры для достижения как 

можно более высоких значений термоэлектрической добротности. Термоэлектрический 

КПД p-n-модуля моделируется как функция параметров кристалла. Библ. 17, табл. 1. 

Ключевые слова: органические кристаллы, термоэлектрический КПД, 

термоэлектрическая добротность, p-n-модуль, иодид тетратиотетрацена, 

тетратиотетрацен-тетрацианохинодиметан. 
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THERMODYNAMIC STABILITY OF THIN  

CdZnSb EPITAXIAL FILMS 

The diagrams of spinodal decomposition and critical temperatures of decomposition of epitaxial thin 

films of Cd-Zn-Sb semiconductor substitution solid solutions are calculated in the delta lattice 

parameter model with account of both deformation energy and plastic relaxation effects due to misfit 

dislocations. Within the framework of the proposed model it was shown that compared to the bulk 

samples, in the films there is a reduction of spinodal decomposition range and, as a rule, a reduction of 

critical temperature of decomposition. The effect of substrate on the above processes was investigated 

by the example of CdSb, ZnSb and Cd0.5Zn0.5Sb substrates. The emergence of various kinds of biaxial 

strains in pseudomorphic films leads to a different character of the composition dependence of critical 

thickness of thin films. From the perspective of the use of these thin films in thermoelectric devices, the 

most promising films, in the author’s opinion, are CdxZn1-xSb/Cd0.5Zn0.5Sb, where spinodal 

decomposition range and critical decomposition temperature are below the temperature of 

technological growth. Creation and widespread use of such materials opens up new possibilities for 

thin-film thermoelectric energy converters. Bibl. 20, Fig. 3 

Key words: thin films, CdZnSb, thermodynamic stability, spinodal decomposition, biaxial deformation, 

thermoelectric converters. 

Introduction 

Extensive study of the thermoelectric properties of the bulk materials based on V-VI compounds and 

IV-VI, IV-IV semiconductor alloys has led to a striking progress in the design of various thermoelectric 

devices [1, 2]. The efficiency of thermoelectric devices is expressed by the dimensionless figure of merit 

given by: 

 2σ /ZT S T k , (1) 

where S is the Seebeck coefficient,  is electric conductivity, k is thermal conductivity, T is absolute sample 

temperature. In turn, thermal conductivity k can be regarded as additive value caused by electron (ke) and 

lattice (kl) components: 

 le kkk  . (2) 

Improvement in the thermoelectric figure of merit of thermoelectric materials, as follows from (1), is 

due to increase in electric conductivity and decrease in thermal conductivity of materials. This task is 

mutually contradictory, since, according to the Wiedemann-Franz law the electron thermal conductivity ke 

is directly proportional to electric conductivity value. Therefore, ZT can be improved by reducing the lattice 

component of thermal conductivity kl. At the same time, increasingly strict requirements to miniaturization 

and cheapening of such devices dictate the need for a search for new approaches to solving said problem. 
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Increasing attention has been paid recently to such promising objects as topological dielectrics, thin films, 

superlattices, etc. [3 – 5]. Such materials can be particularly relevant in connection with solving very 

important problem of cooling components of microprocessor devices of modern computer equipment. The 

idea of using thin films for thermoelectric devices is not new [3]. To improve the thermoelectric figure of 

merit ZT, several groups of scientists have studied thin films and superlattices Bi2Te3/Sb2Te3, PbTe/PbSe, 

Si/Ge, Bi/Sb and others [3 – 5]. It was shown that reduction of phonon thermal conductivity in such 

materials due to reflection at film boundaries and electric conductivity increase due to peculiarities of 

electron density, internal thermionic emission, etc, can result in significant ZT increase as compared to the 

bulk materials. Vast technological opportunities of obtaining a variety of composition, thickness and 

orientation of thin films on various substrates open up truly unlimited opportunities for improving their 

thermoelectric properties.  

At the same time, such important class of strongly anisotropic thin films of solid solutions based on 

II-V [6 – 11] stays out of the attention of researchers. Among thermoelectric materials, CdSb and ZnSb are 

ecologically clean and economically efficient in the temperature range of 473 K – 673 K and can substitute 

toxic and rare Pb-Te metal alloys. While thermoelectric properties of bulk materials have been studied in 

considerable detail [12, 13], thin films and superlattices on their basis are still waiting for their research and 

use in thermoelectricity. There are several reasons for this, and perhaps one of the basic is the problem of 

thermodynamic stability of CdZnSb thin films. It is known that bulk crystals CdZnSb form a continuous 

series of substitution solid solutions [14]. Despite this fact, the phenomenon of thermal instability of melt 

structure was experimentally revealed which is manifested in the possibility of crystallization of different 

stability phases (CdSb, Cd3Sb2, Cd4Sb3, ZnSb, Zn4Sb3) [14 – 16]. At the same time, growing of epitaxial 

films is accompanied with formation of various structural defects, mechanical strains caused by mismatch 

between crystal lattices of substrate and film (misfit dislocations, islets of other phases, etc). The latter 

factors change free energy of solid solution, which in turn leads to a change in solubility limits of 

components and has a definite impact on the thermodynamic stability of the resulting thin films [17 – 19]. 

Thermoelectric properties of thin films are directly related to phase transformations in such thin films. In 

particular, it is shown in [6] that thin films with different phases ZnSb and Zn4Sb3 have larger values of the 

Seebeck coefficient than single-phase films. Discussion of these issues will be the subject of the present paper. 

Account of elastic energy in the calculation of spinodal decomposition 

Semiconductor compounds II-V, in particular, CdSb, ZnSb and their solid solutions CdxZn1-xSb, are 

crystallized as orthorhombic structure 15
2hD Pbca  with 16 atoms in the unit cell, forming two identical, 

though translation-shifted relative to each other, sublattices [20]. For the thermodynamic description of 

pseudobinary ternary solid solutions we will consider the Gibbs free energy of mixing (G) based on mole: 

 G H T S     , (3) 

where Н is enthalpy of mixing, Т is absolute temperature, S is entropy of mixing which in the 

approximation of a regular solid solution can be written [18]: 

     ln 1 ln 1S R x x x x      . (4) 

To describe the enthalpy of mixing, two models are most commonly used – regular solution model 

and “delta lattice parameter” (DLP) model [17]. It is known that regular solution model describes well the 

thermodynamic properties of liquid phase and has restrictions for the case of solid phase, since interaction 

parameters in regular solution model depend on the alloy composition (х). In the DLP model the enthalpy 
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of mixing Н depends only on lattice parameter (а), so it is assumed that the difference between the 

dimensions of atoms having common sublattice is a decisive factor which controls free energy of mixing. 

For А1-хВхС solid solutions Н can be written as [18, 19]: 

 ( ) ( ) (1 ) ( ) (1 )H E alloy xE BC x E AC x x        , (5) 

 2 4.5/ avgK a a   , (5) 

where K is model parameter, aavg is averaged lattice parameter, a is the difference between lattice 

parameters of components of solid solution compounds. As long as lattice components of CdSb-ZnSb solid 

solution under study are rather close [20], the solid solution can be considered to be almost perfect, and the 

interaction parameter Ω and enthalpy of mixing Н are always positive values. The solid solution will be 

subject to spinodal decomposition on condition that the curve of the composition dependence of free 

energy has a bend point [18]. The products of spinodal decomposition are two solid solutions with different 

composition. Stability criterion of pseudobinary alloys can be written as 2G/x2 > 0. The instability area is 

determined as a geometrical place of points for which the condition 2G/x2 = 0 is met. 

The Gibbs free energy of forming CdSb-ZnSb solid solutions, as was experimentally shown [16], 

varies significantly from the ideal form, changing the sign with composition х. The existence of positive 

region of G(x) dependence can cause solid solution decomposition in certain range at temperatures lower 

than critical Тс. For the bulk solid solution, apart from the chemical part of free energy, one must also take 

into account the elastic component which follows from the requirement of coherent phase conjugation [18] 

with account of crystal anisotropy. In [17, 18], on the basis of a model of regular solid solution it is shown 

that in semiconductor solid solutions with the positive enthalpy of their formation, at certain temperatures 

there occurs a coherent phase separation with formation of elastic concentration domains with a variable 

composition of solid solution. 

In the case when a solid solution is a thin epitaxial film and the thermodynamic process occurs by 

formation of misfit dislocations due to the mismatch between film lattice constants with substrate material, 

biaxial tensile or compression strains will occur in the film. In the general case the energy of elastic strain 

of the unit volume of deformed film can be written as [20]:  

  1

2
S x x y y z z xy xy yz yz xz xzE                   , (6) 

where x, y, z are normal stresses; xy, yz, xz are shear stresses; x, y, z are normal strains; xy, yz, xz are 

shear strains. It is commonly assumed that with the epitaxial growth due to mismatch between lattice 

constants of substrate-film only normal strains and stresses occur along two perpendicular axes in the film 

plane (001). Taking into account the relation between normal strains and stresses based on Hooke’s law, we 

obtain: 

 
zyxy

zyxx

ccc

ccc





232212

131211
, (7) 

where in the case of equal symmetry of film and substrate material, the relative strain components 
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  (8) 

For orthorhombic crystals the array of elastic moduli comprises 9 independent components: 
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Stress tensor component in perpendicular (z) direction can be written: 

 zyxz ccc  332313 . (10) 

Taking into account for free (growth) direction of the film that z = 0, from (10) we obtain: 

 yxz
C

C

C

C
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13 . (11) 

Hence, the elastic strain energy of the unit volume of epitaxial film (6), with regard to (10) – (11) can 

be written as:  
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Thus, full Gibbs free energy of the system based on the unit volume is a sum of chemical energy 

(G) and elastic strain energy (Es): 

 sv EGNG  , (13) 

where Nv is the number of moles of the unit volume of homogeneous solid solution to decomposition. 

Analysis of the Gibbs free energy as a function of solid solution composition and epilayer thickness 

together with stability criterion allows calculating solubility limits. Parameters used for calculations were 

taken from [20]. The dependence of lattice constants on the composition х was taken into account by the 

Vegard rule which is met for CdxZn1-xSb semiconductor solid solutions with high precision [20]. 

The above situation is observed only in the case when film thickness (h) is smaller than critical 

thickness (hc). On condition of h > hc, plastic relaxation processes take place in the film with formation of 

misfit dislocations, and the thicker the film, the smaller is its strain. To determine the influence of said 

effects on the thermodynamic stability of chosen solid solutions, note that according to the model of 

balance of forces [19] acting on the dislocations, it can be written: 

 hAz / , (14) 

that is, as the thickness of epitaxial film increases, the value of relative decreases and the film gradually 

relaxes. Parameter А in (14) will be found from continuity condition of function (h) at point h = hc, then 

from relations (8), (11) і (14) we obtain A = zmaxhc. The majority of semiconductor heteroepitaxies are 

grown on (001) substrate surface, so exactly this orientation will be considered. Theoretical expression for 

critical thickness hc can be obtained on the basis of two different approximations, known as equilibrium 

theories of critical thickness. The former approximation is based on the minimum energy principle and was 

pioneered by Frank and Van der Merwe; the latter, known as theory of the balance of forces, belongs to 
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Matthews and Blakeslee (see review [19]). The said two approaches are equivalent and give equal values of 

critical film thickness. In our calculations we have used the model of balance of forces in which critical 

epilayer thickness can be estimated according to [19]:  

 
1

ln β
ε 8π(1 ν)

c
c

m

b h
h

b


    
         

, (15) 

where, ν is the Poisson coefficient,  = 4,  = 1, b – is the Burgers vector modulus. As long as in 

semiconductor epilayers 60 misfit dislocations are most common in (001) plane, the Burgers vector can be 

written as (aavg/2) < 110 >, then 2/avgab  . The stresses in the region of dislocation centre are too high 

to be correctly described within the linear elasticity theory, so we have introduced a phenomenological 

parameter  as a measure of this deviation. 

CdxZn1-xSb/CdSb system  

Let us consider CdxZn1-xSb epitaxial layer on CdSb substrate in the framework of the above described 

model. At low temperatures an unstressed alloy has additional free energy, which with a rise in temperature 

is reduced with formation of two minima indicating the possibility of spinodal decomposition. Phase 

diagram of spinodal decay of non-elastic film in this case is represented in Fig. 1a showing the existence of 

critical temperature (Тс = 1015 K at хс = 0.5) above which the spinodal decomposition will not take place.  

  

a) b) 

Fig. 1. Phase diagrams of spinodal decomposition (а) and composition dependence  

of critical thickness (b) of CdxZn1-xSb/CdSb epitaxial films.  

If epitaxial film is fully strained, quick growth of elastic energy Еs (as compared to a change in 

chemical energy – the first term in formula (8)) with increasing Cd content in the film leads to the fact that 

two minima on the composition dependence of free energy merge into one. This testifies to elastic 

stabilization of film in terms of spinodal decomposition [17] and takes place for thin pseudomorphous films 

with less than critical thickness (h < hc). However, when epilayer thickness exceeds critical (h > hc), the 

film starts to relax, that is, the elastic energy of the film (4) – (6) decreases with increasing film thickness. 

In so doing, the area of existence of spinodal decomposition (2G/x2 < 0) remains, though becomes 

narrower (Fig. 1a). The asymmetric narrowing of spinodal decomposition range can be explained taking 

into account the composition dependence of critical thickness of CdxZn1-xSb film grown in CdSb substrate 

(Fig. 1b). The boundary of immiscibility area from higher Cd concentrations is rather responsive to a 

change in film thickness. The opposite boundary, where Cd concentration is lower, slightly changes with 

the film thickness, which is attributable to a greater mismatch between film –substrate (CdSb) lattice 

constants, hence, to a less critical thickness (close to several angstroms). Therefore, films with almost 
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arbitrary thickness in this composition range fully relax, and residual stresses in them are very low. 

However, from higher Cd concentrations due to strong dependence hc(x) the stresses are rather sensitive to 

epilayer thickness. CdxZn1-xSb/CdSb films with thickness greater than 200 Å almost completely relax and in 

their thermodynamic properties approach the bulk samples. The spinodal decomposition range of 

unstressed CdxZn1-xSb solid solution, calculated by us at Т = 640 K is 0.2 < x < 0.7 and agrees well with the 

experimental region of positive values of the Gibbs free energy [16]. 

CdxZn1-xSb/ZnSb system 

A similar dependence can be observed in CdxZn1-xSb layers grown on ZnSb substrates. In particular, 

for the unstressed CdxZn1-xSb we calculated critical temperature Тс = 1015 K at хс = 0.5. From lower Cd 

concentrations the film is rather sensitive to internal stresses, which, in contrast to the above epitaxial films 

in this case are due to biaxial compression strain, since substrate lattice constants (ZnSb) are higher than 

lattice constants of pseudomorphous film (CdxZn1-xSb). The latter is manifested in considerable change of 

respective solubility limit (Fig. 2a) of films of different thicknesses.  

   
a) b) 

Fig. 2. Phase diagrams of spinodal decomposition а) and composition dependence  

of critical thickness (b) of CdxZn1-xSb/ZnSb epitaxial films. 

For instance, if for a film 100 nm thick the immiscibility interval at 600 К according to our 

calculations is 0.24 < x < 0.81, then for a film 50 nm thick this interval is 0.41 < x < 0.81. Considerable 

narrowing of spinodal decomposition range falls on technological temperature range 600 – 900 K. The 

nonmonotonous change in decomposition limit with a change of temperature is due to competition between 

chemical and elastic components of film free energy. For h > 500 nm the composition diagram practically 

coincides with the diagram of the bulk unstressed solid solution, that is, residual stresses in the film are 

close to zero. The composition dependence of critical film thickness is represented in Fig. 2b. 

CdxZn1-xSb/Cd0.5Zn0.5Sb system 

High-performance CdxZn1-xSb films, necessary for creation of new thermoelectric devices, are 

imposed with the requirements of almost complete matching between film-substrate lattice constants in 

order to assure their enhanced properties. From this standpoint, in our opinion, CdxZn1-xSb/Cd0.5Zn0.5Sb 

system is interesting. In this case such requirements are met by Cd0.5Zn0.5Sb substrate which is fully 

matched with the film at х = 0.5, whereas in the region 0 < x < 0.5 in pseudomorphous film there is biaxial 

tensile strain, and at 0.5 < x < 1 – biaxial compression strain. The composition dependence of critical 

thickness of such films that we calculated is represented in Fig. 3b.  
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a) b) 

Fig. 3. Phase diagrams of spinodal decomposition (а) and composition dependence  

of critical thickness (b) of CdxZn1-xSb/Cd0.5Zn0.5Sb epitaxial films. 

As can be seen from our diagrams of spinodal decomposition (Fig. 3a), as compared to a completely 

relaxed film (the bulk case) for the film 50 nm thick critical temperature decreases considerably (Тс = 550 

K, хс = 0.53), which holds out a hope of possible obtaining high-performance films in the technological 

temperature range. Films of thickness 500 nm and higher are almost completely relaxed, where the residual 

stresses are close to zero, but decomposition range becomes sufficiently large. Reduction of epitaxial films 

thickness leads to narrowing of immiscibility region. In particular, for films 50 nm thick the latter is 0.17 < 

x < 0.85 at Т = 300 K. 

Conclusions 

This paper presents a theoretical analysis of the effect of biaxial strains from the substrate on 

spinodal decomposition range of CdxZn1-xSb pseudomorphous films on CdSb, ZnSb, Cd0.5Zn0.5Sb substrates. 

The composition dependences of critical thickness of thin films were estimated on the basis of the 

Matthews-Blakeslee model. Intervals of immiscibility and critical temperature of spinodal decomposition 

of ternary semiconductor system Cd-Zn-Sb were calculated with regard to strain energy and plastic 

relaxation effect due to misfit dislocations. It is shown that account of elastic energy leads to narrowing of 

spinodal decomposition region and critical temperature reduction. In particular, for CdxZn1-xSb/Cd0.5Zn0.5Sb 

pseudomorphous films 50 nm thick the delamination area totally disappears in the technological 

temperature range (600 – 900 K). The results of the work are prognostic for the experimental investigations 

of thin films for their application in thermoelectric devices. 

The author is grateful to academician L. Anatychuk for the approval of research subject and interest 

in the work. 
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У статті  наведено результати розрахунку діаграм спінодального розпаду та критичні 

температури розпаду епітаксіальних тонких плівок напівпровідникових твердих розчинів 

заміщення CdxZn1-xSb в моделі дельта-параметр ґратки з урахуванням як деформаційної енергії, 

так і ефектів пластичної релаксації, зумовлених дислокаціями невідповідності. В рамках 

запропонованої моделі показано, що порівняно з об’ємними зразками у плівках має місце 

звуження інтервалу спінодального розпаду та, як правило, пониження критичної температури 

розпаду. Досліджено вплив підкладки на вищезазначені процеси на прикладі підкладок CdSb, 

ZnSb, Cd0.5Zn0.5Sb. Виникнення різного роду біаксіальних деформацій у псевдоморфних плівках 

веде до різного характеру композиційної залежності критичної товщини тонких плівок. З 

точки зору перспектив використання вказаних тонких плівок у термоелектричних пристроях, 

на думку автора, найбільш перспективними є плівки   CdxZn1-xSb/Cd0.5Zn0.5Sb, в яких область 

спінодального розпаду та критична температура розпаду лежать нижче технологічних 

температур вирощування. Створення й широке застосування таких матеріалів відкриває нові 

можливості тонкоплівкових термоелектричних перетворювачів енергії. Бібл. 20, рис. 3 

Ключові слова: тонкі плівки, CdZnSb, термодинамічна стабільність, спінодальний розпад, 

біаксіальні деформації, термоелектричні перетворювачі. 
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ТЕРМОДИНАМИЧЕСКАЯ СТАБИЛЬНОСТЬ ТОНКИХ  

ЭПИТАКСИАЛЬНЫХ ПЛЕНОК CdZnSb 

В работе рассчитаны диаграммы спинодального распада и критические температуры распада 

эпитаксиальных тонких пленок полупроводниковых твердых растворов замещения CdxZn1-xSb 

в модели дельта-параметра решетки с учетом как деформационной энергии, так и эффектов 

пластической релаксации, обусловленных дислокациями несоответствия. В рамках 

предложенной модели показано, что по сравнению с объемными образцами в пленках имеет 

место сужение интервала спинодального распада и, как правило, понижение критической 

температуры распада. Исследована роль подложки на вышеупомянутые процессы на примере 

подложек CdSb, ZnSb, CdxZn1-xSb/Cd0.5Zn0.5Sb. Возникновение разного рода биаксиальных 

деформаций в псевдоморфных пленках ведет к разному характеру композиционной 

зависимости критической толщины тонких пленок. С точки зрения перспектив использования 

указанных тонких пленок в термоэлектрических устройствах, по мнению автора, наиболее 

перспективными есть пленкиCdxZn1-xSb/Cd0.5Zn0.5Sb, в которых область спинодального распада 

и критическая температура распада лежат ниже технологических температур 

выращивания. Создание и широкое применение таких материалов открывает новые 

возможности тонкопленочных термоэлектрических преобразователей энергии. Библ. 20, рис. 3 

Ключевые слова: тонкие пленки, CdZnSb, термодинамическая стабильность, спинодальный 

распад, биаксиальные деформации, термоэлектрические преобразователи. 
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ON THE OPTIMIZATION 

OF THERMOELECTRIC GENERATOR MODULES 

OF AUTOMOBILE STARTING PRE-HEATER 

The results of computer design and experimental research on creation of a new design of 

thermoelectric thermocouple generator module Altec-1061 for increasing heat production of 

thermoelectric automobile starting pre-heater are presented. The design is carried out with regard to 

temperature dependences of material parameters, thermal and electric losses on the contacts and 

module interconnects. Bible. 13, Fig. 10, Table 1. 

Key words: starting pre-heater, thermoelectric generator, computer design, physical model, 

thermoelement. 

Introduction 

To overcome the problem of discharging automobile battery during the operation of starting pre-

heaters, at the Institute of Thermoelectricity an experimental sample of thermoelectric generator of 

electric power 70-90 W was created which operates from the heat of starting pre-heater and provides for 

autonomous power supply to its components [1-5]. Moreover, the excess energy of thermal generator can 

be used for recharging the battery and power supply to other automobile equipment (regular heating fan, 

warning systems, navigators, etc).  

Experimental tests of the heater under test-bed conditions proved the efficiency of the design and 

confirmed the rationality of theoretical calculations performed in [3]. However, research on the sample 

under low temperatures has shown that thermal power which is “pumped” by thermoelectric modules is 

insufficient for engine heating to the temperature optimal for its start [4]. The point is that at negative air 

temperatures the viscosity of the engine oil increases, so before automobile start the engine must be 

heated to temperature not less than 70°С, prior to complete lubrication of the parts of cylinder-piston 

group occurs [6]. During full-scale tests of thermoelectric heater it was established that maximum 

temperature of engine in “preheating” mode is 50°С, in “preheating + passenger compartment heating” 

mode – 30°С. Hence, the relevance of the research aimed at further optimization of the design of the 

developed thermoelectric heater.  

The temperature of warming up the engine cooling liquid (heat carrier) can be raised in two ways. 

The first one is to use the total thermal power of the heat source. As is shown in [4], only such operating 

modes are realized in the heater whereby the thermal power of the burner does not exceed 2.3 kW. 

Otherwise, the hot side of the thermopile is overheated and, as a result, the main functional units of the 

device fail. Therefore, to increase the thermal power of the heat source to maximum 4 kW, a thermopile 

used in the heater design must be created on the basis of medium-temperature or high-temperature 

thermoelectric materials [7-8]. It is also worthwhile to use combined segmented, cascade and permeable 

structures [9-10]. However, in our opinion, such approach is not quite rational, since for its 
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implementation it is necessary to change radically the proven design of the heater, namely to perform a 

search for optimal operation algorithms of the device itself and new operation algorithms of its 

components, to create a new design of electronic unit, etc.  

The thermal power of the heater can be increased in a different fashion. The idea is to reduce the 

height of legs of thermoelectric modules and in this way to decrease their thermal resistance and, 

accordingly, to increase the thermal flux from the source to the heat carrier.  

Competing factors that interfere with continuous reduction of leg height are contact thermal and 

electric resistances. Thus, as a leg is decreased, the losses in temperature differences in thermal contacts 

increase considerably, and the negative influence of the Joule heat released in electric contact junctions 

of thermopile becomes much more pronounced [11].  

Therefore, the purpose of this work is to analyze the effect of thermoelectric module design on its 

energy characteristics and on the basis of the research performed to create a new variant of a thermopile 

for thermoelectric starting pre-heater. 

Physical model of thermoelectric module and its description 

As a thermopile, the heater design employed 12 generator thermocouple modules Altec-1061 

developed at the Institute of Thermoelectricity [12], with their characteristics shown in Fig.1.  
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Fig. 1. Three-dimensional dependences of electric power P (а) and efficiency η (b) on the hot side Тh and cold side 

Тc temperatures of thermoelectric module Altec-1061 [6]. 

Using the above dependences in [4] it was shown that thermal power of the heater Q which is 

spent on heating automobile engine from 0°С to 50°С is on the average 1500 W  

(125 W as per one thermoelectric module). Accordingly, to heat the engine to temperature 70°С, it is 

necessary to determine such leg height whereby the level of module thermal power will be  at least 180 

W.  This assumption is valid, as long as an equation which describes heating process is of a linear nature: 

 Q cm T  ,  (1) 

where Q is the amount of heat obtained by a body in heating, m is the mass of a body which is heated,  

ΔT = Т1 – Т0 is the difference between final Т1 and initial Т2 body temperature. 

For the calculations of the optimal height of leg of thermoelectric generator module Altec-1061 

(Fig. 2а), a structural unit of module was used, namely a thermoelement, the physical model of which is 

shown in Fig. 2b. The model comprises n-type legs 1 and p-type legs 2 connected into a series electric 

circuit by interconnects 3 and 4 on the hot and cold side, respectively. Electric contacts 7 and 8 between 

the legs and connecting plates are characterized by electric contact resistances. The reinforced base of 
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thermoelectric module is made by electrically insulating heat conducting plates 5 and 6 that are in 

thermal contact 9 and 10 with the thermostat. 
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Fig. 2. Schematic of thermoelectric module Altec-1061 (а) 

and physical model of its elementary structural unit (b): 

1 – n-type leg; 2 – p-type leg; 3, 4 – electric interconnects; 5, 6 – ceramic plates; 7, 8 – electric contacts 

between the legs and connecting plates; 9 – thermal contact between electrically insulating plate and cold 

thermostat; 10 – thermal contact between ceramic plate and hot thermostat. 

To find the distributions of temperature in the thermoelement, the law of conservation of energy is 

used.  

 div 0,w 


 (2) 

 w q Uj 
 

. (3) 

In (2) and (3), w


 is the density of energy flux, q


 is the density of heat flux, U is electrochemical 

potential, j


 is the density of electric current, 

 q T j   


, (4) 

where   is the Peltier coefficient,   is thermal conductivity. 

 T   , (5) 

where   is the Seebeck coefficient, T  is temperature. 

The density of electric current is found from equation 

 j U T   


, (6) 

where   is electric conductivity. 

Substituting (3), (4) into (2), we obtain 

 ( ) ( ) 0T U j     


. (7) 

From equation (7), using (5) and (6), we obtain an equation for finding temperature distribution 

        22T T T U U T U              . (8) 

The distribution of electric potential is found using the law of conservation of electric charge 

 div 0j 


. (9) 

Substituting (5) into (8) we obtain the equation: 

     0T U     . (10) 
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Equations (8), (10) are a system of differential equations with variable second order coefficients in 

partial derivatives describing the distribution of temperature and potential in the inhomogeneous 

thermoelectric medium.  

Computer model of thermoelement 

Solution of the system of equations (8) and (10) was realized in Comsol Multiphysics software 

environment [13] by the numerical finite element method. In the process of computer design the 

following values were used as the input data: 

– temperature dependences of thermoelectric parameters n(T), p(T), n(T), p(T), n(T), p(T) 

(standard for materials based on n- and р-Bi2Te3 (Figs.3-5)); 
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Fig. 3. Temperature dependence of the Seebeck coefficient: а) n-Bi2Te3; b) p-Bi2Te3. 
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Fig. 4. Temperature dependence of electric conductivity coefficient: а) n-Bi2Te3; b) p-Bi2Te3. 

– cross-section of the legs (a  b) = (1.8  4.2) mm; 

– distance between the legs = 0.4 mm; 

– the height of connecting plates hcom = 0.25 mm; 

– the height of insulating plates hins = 0.65 mm; 

– the number of leg couples in a module N = 56 pcs; 
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– thermal contact resistance between the thermostat and insulating plates R = 4 K/W; 

– contact electric resistance between the legs and connecting plates r = 10–5 Ohmcm2 . 

Fig. 6 shows the geometry and finite element mesh built in Comsol for thermoelement simulation. 
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Fig. 5. Temperature dependence of thermal conductivity coefficient: а) n-Bi2Te3; b) p-Bi2Te3. 
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Fig.6. Geometry (а) and finite element method (b) built in Comsol as applied to thermoelement model. 

Design was carried out at the height h of thermoelement leg which was consecutively changed in 

the range from 3 mm to1 mm with increments of 0.5 mm.  

The boundary conditions for the solution of equations (8) and (10) were chosen as follows. The 

temperatures of heat-absorbing and heat-releasing thermoelement surfaces were recorded as Th = 280оС 

and Tc = 50оС. Conditions of adiabatic thermal insulation were imposed on the rest of the boundaries. 

The zero potential value on the connecting plate of n-type leg was assigned. On the other connecting 

plate of p-type leg the value U was assigned which is half of thermopower generated by the 

thermoelement. In turn, the value of generated thermopower was determined by the system of equations 

(8) and (10) in the absence of current flow through the thermoelement.  

On the boundaries of legs and contact layer, contact layer and connecting plates, insulating and 

connecting plates, conditions of the equality of temperatures and thermal flows were taken into account.  

Research results 

As a result of simulation, we obtained the distributions of temperature and electric potential in the 

thermoelement of generator module Altec-1061 (Fig. 7). 

Figs. 8, 9 show the dependences of the energy characteristics of thermoelectric module 

Altec-1061 on the height of thermoelement leg. 
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а) b) 

Fig. 7. Distribution of temperature (а) and electric potential (b) in thermoelement of generator 

module Altec-1061. Leg height h = 2 mm.  

  

Fig. 8. Dependence of thermal Q and electric P power 

of module Altec-1061 on the leg height h. 

Fig. 9. Dependence of efficiency of module 

Altec-1061 on the leg height h. 

From the represented data it follows that with decreasing the height of thermoelement leg, in the 

range of 3-1 mm there is increase in both thermal (Qh = 3 = 120 W – Qh = 1 = 340 W) and generated electric 

(Ph = 3 = 7 W – Ph = 1 = 17 W) of module power, which is caused by the reduction of its thermal resistance. 

In so doing, the necessary level of thermal power Qmin = 180 W is achieved with the height of 

thermoelement leg 2 mm. In this case the electric power of module is ~ 10 W (Fig. 8). Thus, to increase 

heat production, the heater must employ the design of module Altec-1061 with the legs the height of 

which does not exceed 2 mm. However, the reduction of height also leads to increased influence of 

contact electric and thermal resistances, which is visually demonstrated by the efficiency behavior (Fig. 

9). Thus, in the range of heights (3-2) mm the efficiency of module is reduced from 5.4% to 5.2%, 

whereas in the range of h = (2-1) mm the reduction of η is more intensive: η = 5.2% at h = 2 mm, 

η = 4.4% at h = 1 mm.  

So, in our opinion, the use in the heater of modules with the height of legs 2 mm is the most 

rational variant, since it enables one to ensure the level of thermal power necessary for start heating with 

the minimum losses of device efficiency.  

The rationality of using legs with minimum losses of height is also quite justified in terms of 

reliability. With decreasing the height, owing to temperature gradient along the leg, the effect of thermal 

expansion is intensified, which causes deformation of the leg and, accordingly, reduces the mechanical 

strength of the module. This is particularly important under conditions of heater operation on 

transportation means during their motion, where the effect of vibrations, shocks and other loads is 

manifested simultaneously, increasing the risk of heater thermopile failure.  
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Based on the results of computer design a modified series of thermoelectric generator modules 

Altec-1061 was created with the height of thermoelement leg 2 mm that are intended for optimization of 

thermoelectric starting pre-heater. The results of experimental research on the energy characteristics of 

module at the hot side temperature 280°C and the range of cold side temperatures 30-70°C are 

represented in the table.  

Table 

Dependence of the energy characteristics of thermoelectric module Altec-1061 

with the leg height 2 mm on the cold side temperature at Тh = 280°C 

№  Тc, C U, V I, A Р, W Q, W , % 

1 30 1.98 5.6 11.0 205 5.1 

2 40 1.9 5.3 10.0 198 4.8 

3 50 1.8 5.0 9.0 190 4.52 

4 60  1.73 4.8 8.3 184 4.32 

5 70 1.65 4.5 7.4 176 4.0 

As is seen from the tabulated data, the experimental results correlate well with computer 

calculations (Fig. 8, 9). Thus, electric P and thermal Q power of module at Тh = 280°C and Тc = 50°C are 

9 W and 190 W, respectively. The thermoelectric conversion efficiency η = 4.5%. The difference 

(~13%) between the calculated and obtained efficiency is most probably related to deviation of the 

values of material parameters α, σ, κ from standard temperature dependences, as well as to heat 

exchange of the lateral surfaces of legs with the environment. 
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Fig. 10. Dependence of maximum electric power Р (а) and efficiency η (b) of thermoelectric heater on cold heat 

carrier temperature Tc:1 – obtained in heater version І; 2 – predicted in heater version ІІ. 

Thus, the use of the developed modification of modules as a thermopile allows increasing the 

thermal power of thermoelectric starting pre-heater by a factor of ~ 1.5, to the level of 2.3 kW. In so 

doing, in the temperature range of the cold heat carrier (40 - 70)°C the generated electric power of the 

heater is expected to increase to (120 - 90) W (Fig. 10а), and the predicted range of efficiency values will 

be 3.3% - 2.75%, respectively (Fig. 10b). 

 
Conclusions 

1. It is shown that for start heating of automobile engine to optimal for its start temperature 

70°С, the thermal power of thermoelectric heater must be at least 2.2 kW, as per one thermoelectric 

module of heater thermopile – at least 180 W of heat. 

2. It is established that the most rational variant is to use in thermoelectric starting pre-heater of 

generator modules Altec-1061 with the height of legs 2 mm. It provides for the level of thermal power 

necessary for start heating with minimum losses of efficiency and device reliability.  
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3. It is established that at the hot side temperature 280°C and the cold side temperature range 

30 - 70°C, the electric power of modified modules Altec-1061 is within 11 W - 7.4 W, the efficiency of 

thermoelectric conversion is 5.1% - 4%.  

4. It is established that the use of the developed modification of modules as a thermopile allows 

increasing the thermal power of thermoelectric starting pre-heater to the level of 2.3 kW. In so doing, the 

generated electric power of the heater is expected to increase to 120 W - 90 W, and the predicted range 

of efficiency values is 3.3% - 2.75%, respectively. 
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ПРО ОПТИМІЗАЦІЮ ТЕРМОЕЛЕКТРИЧНИХ 

ГЕНЕРАТОРНИХ МОДУЛІВ АВТОМОБІЛЬНОГО 

ПЕРЕДПУСКОВОГО НАГРІВНИКА 

Наведено результати комп’ютерного проектування та експериментальних досліджень зі 

створення нової конструкції термоелектричного термопарного генераторного модуля 

«Алтек-1061» для підвищення теплопродуктивності термоелектричного автомобільного 

передпускового нагрівника. Проектування здійснено з урахуванням температурних 

залежностей параметрів матеріалів, теплових і електричних втрат на контактах і 

комутації модуля. Бібл. 13, рис. 10, табл. 1. 

Ключові слова: передпусковий нагрівник, термоелектричний генератор, комп’ютерне 

проектування, фізична модель, термоелемент. 
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ОБ ОПТИМИЗАЦИИ ТЕРМОЭЛЕКТРИЧЕСКИХ  

ГЕНЕРАТОРНЫХ МОДУЛЕЙ АВТОМОБИЛЬНОГО  

ПРЕДПУСКОВОГО НАГРЕВАТЕЛЯ 

Приведены результаты компьютерного проектирования и экспериментальных исследований 

по созданию новой конструкции термоэлектрического термопарного генераторного модуля 

«Алтек-1061» для повышения теплопроизводительности термоэлектрического 

автомобильного предпускового нагревателя. Проектирование осуществлено с учетом 

температурных зависимостей параметров материалов, тепловых и электрических потерь 

на контактах и коммутации модуля. Библ. 13, рис. 10, табл. 1. 

Ключевые слова: предпусковой нагреватель, термоэлектрический генератор, компьютерное 

проектирование, физическая модель, термоэлемент. 
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COMPUTER SIMULATION OF LOCAL THERMAL  

EFFECT ON HUMAN SKIN 

In this paper, the physical, mathematical and computer models of local thermal effect on human 

skin are constructed. Temperature distributions in different skin layers are determined for cooling 

mode. The results obtained allow optimization of a working tool of device for treatment of skin 

diseases in order to ensure the necessary depth of freezing of biological tissue and maximum effect 

when carrying out cryomassage. Bibl. 24, Fig. 7, Table. 1. 

Key words: thermoelectric cooling, cryomassage, biological tissue, human skin, computer simulation. 

Introduction 

It is known [1 – 5] that temperature effect contributes to activation of processes in human 

organism and is an important factor for treatment of various diseases, namely dermatologic, allergic, 

gynecologic, diseases of cardio-vascular system, respiratory organs, locomotor system, etc. Cold 

activates metabolism, helps to slow down the process of skin aging, cleans and facilitates its breathing, 

accelerates blood circulation, removes from the surface layers of the skin the vital products of the 

body, supports muscle tone, etc. The therapeutic effect of the cold locally reduces the skin 

temperature, provides anti-inflammatory, antispastic, analgesic action, exfoliate the epidermis, and 

with prolonged exposure allows the removal of benign or malignant neoplasms, etc. [6 – 10]. 

The above information on the thermal effect on the surface of human skin testifies to the 

promising character of using thermoelectric cooling and heating in dermatology [11 – 13]. This is 

related to its advantages: possibility to precisely assign the necessary temperature of the tool surface, 

the time of temperature effect on the corresponding area of human body and to ensure cyclic change of 

cooling and heating modes [14 – 16]. However, the use of low and elevated temperatures in medical 

practice calls for a comprehensive study of the peculiarities of thermal effect on biological tissue, 

which is a complicated task requiring creation of precise physical and mathematical models (with 

regard to blood circulation, metabolic and heat exchange processes) and the use of computer 

simulation. 

So, the purpose of the work is creation of computer simulation technique that will allow 

predicting the results of local thermal effect on human skin, including cryomassage in dermatology. 

A physical model of biological tissue with a cooling element 

The biological tissue of human body (Fig. 1) is a structure of three skin layers (epidermis 1, 
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dermis 2, subcutaneous tissue 3) and the internal tissue 4. The temperatures on the boundaries of the 

corresponding layers of biological tissue of thickness h1, h2, h3, h4 are T1, T2, T3, T4, and the specific 

heat fluxes inside are Q1, Q2, Q3, Q4. The free surface of skin area (epidermis 1) is in the state of heat 

exchange with the environment with temperature Т7. The specific heat flux from the free skin surface 

is Q6, and the specific heat flux from the internal human organs is Q5. Skin heat exchange due to 

radiation and sweating is disregarded. 

Arranged on the surface of biological tissue (epidermis 1) with temperature Т5 is a cooling 

element 5 of height l, with contact surface temperature Т6. 

 

Fig. 1. Physical model of biological tissue with a cooling element: 1 – epidermis, 2 – dermis,  

3 – subcutaneous tissue, 4 – internal tissue, 5 – cooling element. 

As long as a physical model is an area of a four-layered biological tissue, with identical 

biochemical processes occurring in adjacent layers, it can be assumed that no heat overflow occurs 

through the lateral surfaces of biological tissue (Q = 0). 

Mathematical description of the model 

To describe the process of heat exchange in “living” biological tissues, the Pennes model is 

used [17]. The model is based on the four assumptions: 

1. heat exchange between blood and biological tissue in prearteriolas and posyvenules is neglected; 

2. blood flow in small capillaries is considered to be isotropic, the direction of blood flow is 

neglected; 

3. large blood vessels in the immediate vicinity from capillaries do not contribute to energy exchange 

between biological tissue and capillary blood (that is, the Pennes model does not take into account 
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local geometry of vessels); 

4. blood temperature in arteriolas is equal to body temperature. Energy exchange occurs 

immediately: blood temperature is equalized with local temperature of biological tissue. 

Based on the above assumptions, Pennes simulated the effect of blood as isotropic heat source 

proportional to blood flow velocity and the difference between body temperature and local 

temperature of tissue [18 – 20]: 

 ρ (κ ) (ρ ) ω ( )skin skin skin blood b a m

T
Cp T Cp T T q

t


     


, (1) 

where   ρskin  is human skin density; 

skinCp  is specific heat of human skin; 

skink  is thermal capacity of human skin; 

ρblood  is human blood density; 

bloodCp  is specific heat of human blood; 

ωb  is human blood perfusion; 

aT  is arterial blood temperature ( aT  = 37°С); 

Т  is biological tissue temperature; 

mq  is heat released due to metabolism. 

The generation of metabolic heat considered in this model is assumed to be uniformly 

distributed along the entire tissue, blood perfusion is also considered to be uniform and isotropic. 

According to the Pennes model, thermal equilibrium arises directly in the capillary circle of 

microcirculatory bloodstream (blood at temperature aT  comes to capillaries where heat exchange 

takes place and the temperature is reduced to the temperature of biological tissue Т). 

The summand in the left side of Eq. (1) is the rate of change in thermal energy located in the 

unit volume of biological tissue. Three summands in the right side of this equation are, accordingly, 

the rate of change in thermal energy due to thermal conductivity, blood perfusion and metabolic heat.  

For the steady-state case 0
T

t





, so Eq. (1) is simplified to: 
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The steady-state equation of heat exchange in biological tissue (2) is solved with the following 

boundary conditions (3), as a result of which the distribution T(x, y, z) is determined 
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where Q is heat flux density, Т is absolute temperature, Т0 is ambient temperature, α is heat exchange 

coefficient. 

The thermophysical properties of human skin layers are given in Table. 



L. I. Anatychuk, R. R. Kobylianskyi, T. Ya. Kadenyuk 

Computer simulation of local thermal effect on human skin 

ISSN 1607-8829 Journal of Thermoelectricity №1, 2017   73 

Table 

Thermophysical properties of human skin layers [21 – 24] 

Skin layers Property Value 
Measurement 

units 

Thermal conductivity, skink  0.24 W/m°K 

Density, skin 1200 kg/m3 

Specific heat, skinCp  3590 J/kg°K 

Thickness, h 8 × 10-5 m 

Epidermis 

Perfusion, b  0 s-1 

Thermal conductivity, skink  0.45 W/m°K 

Density, skin     1200 kg/m3 

Specific heat, skinCp  3300 J/kg°K 

Thickness, h 2 × 10-3 m 

Dermis 

Perfusion, b 0.00125 s-1 

Thermal conductivity, skink  0.19 W/m°K 

Density, skin 1000 kg/m3 

Specific heat, skinCp  2500 J/kg°K 

Thickness, h 1 × 10-2 m 

Subcutaneous tissue 

Perfusion, b 0.00125 s-1 

Thermal conductivity, skink  0.5 W/m°K 

Density, skin 1000 kg/m3 

Specific heat, skinCp  4000 J/kg°K 

Thickness, h 3 × 10-2 m 

Internal tissue 

Perfusion, b 0.00125 s-1 

Computer simulation results 

In a cylinder coordinate system a 3D computer model of biological tissue was created with a 

cooling element arranged on its surface. The computer model was constructed with the use of Comsol 

Multiphysics applied software package [25], which allows simulation of thermophysical processes in 

biological tissue with regard to blood circulation and metabolism. 

The distribution of temperature and heat flux density in biological tissue was calculated by the 

finite element method. According to this method, an object under study is split into a large number of 

finite elements, and in each of them the value of function is sought which satisfies given differential 

equations of second kind with the respective boundary conditions. The accuracy of solving the 

formulated problem depends on the level of splitting and is ensured by using a large number of finite 

elements [25]. 

Fig. 2 and Fig. 3 show temperature distributions in the bulk and cross-section of human body 
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biological tissue having on its surface a cooling element at temperature Т = – 30°С. 
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Fig. 2. Temperature distribution in the bulk of biological tissue having  

on its surface a cooling element at temperature Т = – 30°С. 
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Fig. 3. Temperature distribution in the cross-section  

of biological tissue having on its surface a cooling  

element at temperature Т = – 30°С. 

Computer simulation was also used to obtain the distribution of isothermal surfaces in 

biological tissue (Fig. 4) with regard to the boundary effects in the improved 3D computer model. 

h, mm 
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Fig. 4. Distribution of isothermal surfaces in biological tissue having  

on its surface a cooling element at temperature Т = – 30°С. 
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Fig. 5. Temperature distribution in biological tissue at cooling 

 element temperatures in the range of Т = +25 ÷ – 30°С. 

Computer simulation was used to obtain temperature distribution in biological tissue. As an 

example, Fig. 5 shows the above temperature distribution in biological tissue at cooling element 

temperatures in the range of Т = +25 ÷ – 30°С. 

h, mm 
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Also, the relationship between the temperature of cooling element on the skin surface and the 

depth of freezing of biological tissue was determined (Fig. 6). It was established that to achieve 

freezing of biological tissue to the depth of 3 mm, it is necessary to provide skin surface temperature 

Т = – 30°С. 
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Fig. 6. Temperature of cooling element on the skin surface  

versus the depth of freezing of biological tissue. 

Computer simulation was used to determine the dependence of cooling element temperature on 

the thermal power rejected from it to the environment (Fig. 7). 
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Fig. 7. Dependence of cooling element temperature on the thermal  

power rejected from it to the environment. 

From Fig. 7 it is evident that to ensure the temperature Т = – 30°С on the skin surface, it is 

necessary to reject W = 0.1 W of heat. The results obtained enable one to determine cooling capacity 

of a working tool of device for treatment of skin diseases in order to ensure the necessary temperature 

mode of cryomassage (0 ÷ +5)°С in the near-surface layer of biological tissue. This, in turn, allows 
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design optimization of a working tool of device for treatment of skin diseases in order to ensure the 

necessary depth of freezing of biological tissue and to achieve maximum effect when carrying out 

cryomassage. 

Conclusions 

1. Computer simulation technique was developed which allows predicting the results of local thermal 

effect on human skin, including cryomassage in dermatology. 

2. Computer simulation method was used to determine temperature distributions in different skin 

layers in cooling mode. It was established that the temperature of a working tool must be  

Т = – 30°С and cooling capacity must be q = 0.1 W in order to ensure the necessary temperature 

mode (0 ÷ +5)°С in the near-surface layer of biological tissue when carrying out cryomassage. 
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КОМП’ЮТЕРНЕ МОДЕЛЮВАННЯ ЛОКАЛЬНОГО 

ТЕПЛОВОГО ВПЛИВУ НА ШКІРУ ЛЮДИНИ 

У роботі побудовано фізичну, математичну та комп’ютерну моделі локального теплового 

впливу на шкіру людини. Визначено розподіли температури у різних шарах шкіри в режимі 

охолодження. Отримані результати дають можливість оптимізувати конструкцію 

робочого інструменту приладу для лікування захворювань шкіри з метою досягнення 

необхідної глибини промерзання біологічної тканини та максимального ефекту при 

проведенні кріомасажу. Бібл. 24, рис. 7, табл. 1. 
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Ключові слова: термоелектричне охолодження, кріомасаж, біологічна тканина, шкіра 

людини, комп’ютерне моделювання. 
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КОМПЬЮТЕРНОЕ МОДЕЛИРОВАНИЕ ЛОКАЛЬНОГО 

ТЕПЛОВОГО ВЛИЯНИЯ НА КОЖУ ЧЕЛОВЕКА 

В работе построены физическая, математическая и компьютерная модели локального 

теплового влияния на кожу человека. Определены распределения температуры в разных 

слоях кожи в режиме охлаждения. Полученные результаты дают возможность 

оптимизировать конструкцию рабочего инструмента прибора для лечения заболеваний 

кожи с целью достижения необходимой глубины промерзания биологической ткани и 

максимального эффекта при проведении криомассажа. Библ. 24, рис. 7, табл. 1. 

Ключевые слова: термоэлектрическое охлаждение, криомассаж, биологическая ткань, 

кожа человека, компьютерное моделирование. 
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IMPROVEMENT OF THE DISTILLATION METHODS BY  

USING CENTRIFUGAL FORCES FOR WATER RECOVERY  

IN SPACE FLIGHT APPLICATIONS 

Validation of waste water recovery and purification takes its place among the problems to be solved in 

long-term human space missions. Implementation of vacuum rotary distillation (VRD) is the most 

promising method of getting high quality water. This method gives a high degree of residue 

concentration in comparison with other technologies (reverse osmosis and evaporation on porous 

membranes). The methods of multi-stage distillation (MVRD) and of thermal-electric heat pump (THP) 

give good results as to power consumption index as well.  

The report concerns the history and evolution of VRD and THP development starting from a  

3-stage MVRD manufactured and tested in Kyiv Polytechnic Institute (KPI). In 1999 Thermodistillation 

Co., Ukraine, developed a 5-stage centrifugal distiller named cascade distiller (CD). The results of 

MVRD with 3 stages and CD are analyzed; the works of various authors who studied CDS 

characteristics are reviewed. New results demonstrating improved performance of MVRD with THP 

are represented. Bibl. 29, Fig. 4, Table. 5. 

Key words: distiller, thermoelectric heat pump, hydraulic circuit. 

Introduction 

The technology based on the rotary distillation devices began in 1974 in the former Soviet Union at 

the Thermal Desalination Department, KPI. The first studies were directed to fundamental research of 

liquid film hydrodynamics and heat-and-mass transfer under condensation and evaporation on a rotating 

surface [1-7]. In collaboration with NIIKhimMash, Moscow, Russia, these studies led to the designing and 

testing of a series of rotary distillers [8-13]. These designs varied from a single-stage one to multi-stage 

versions to provide for internal heat recovery. The distillers were integrated with heat recovery devices, 

thermoelectric heat pumps included. 

Three MVRD systems with a 5-stage MVRD cascade distiller CD were produced within the period 

from 2000 to 2006. They were tested at the test benches of the Thermodistillation Co. and Honeywell. In 

2007 one of the CDS was mounted at NASA’s test bench and beginning from 2009 until now about 20 

reports and various kinds of information related to CDS were published. These publications mainly 

concerned such integral features as specific energy, capacity, and product quality. The attempts of 
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modelling CDS features were made. 

In the present report the attention is drawn to CDS performance and the results of both capacity 

increasing and specific energy decreasing without CD design changes. 

History and evolution of multi-stage vacuum rotary distillation 

The rotary multi-stage distiller was developed and manufactured in 1988 and had three stages. A 

schematic representation of the MVRD is shown in Figure 1. It consists of a complex rotor assembly 20 on 

bearings 26, 27 and stationary shaft 25 mounted in housing 24. Evaporation and condensation occur within 

the rotor. Warm urine brine flows through connections 2 and 3 and cooled distillate flows through 

connections 22 and 23 mounted on the stationary shaft.  

 

Fig. 1. Multi-stage Vacuum Distillation System 

Schematic (MVRD). 

The MVRD consists of three stages of vacuum distillation connected in series with a thermoelectric 

heat pump for heating and cooling. There are three evaporation chambers 28, 30, and 32 and three 

condensation chambers 29, 31, and 33. The chambers are separated by baffles and separators. Alternating 

evaporation and condensation chambers make up the different stages. The first stage consists of chambers 

28 and 29, the second stage consists of chambers 30 and 31, and the third stage consists of chambers 32 and 

33. The surfaces 12, 14, and 17 separating the stages act as heat transferring surfaces. It is here where heat 

recovery occurs due to coincident evaporation and condensation on the opposite sides of the surfaces. This 

design permits heat recovery by placing vacuum distillation stages in series, so that the latent heat from the 

phase change can be reused several times and is the key feature for the outstanding performance of this 

technology. 

The MVRD functions in the following manner: All noncondensable gases are removed through the 

vacuum port 4 prior to starting the operation. The rotational drive motor maintains a constant operating 

speed. Warm brine/urine from the external heat pump flows through the brine inlet connection 2 to the 

first-stage evaporation chamber 28. Centrifugal force causes the liquid to spread out into a thin film as it 

moves to the periphery of the chamber. Some of the water in the flowing thin film is evaporated into steam 

and flows through the mist separator to the first-stage condensing chamber 29. The brine is cooled as 

evaporation takes place. Most of the brine liquid travels to the outer edge of the evaporation chamber, 

where it forms a liquid layer on the inside of the chamber  

drum and moves at rotational speed. The stationary Pitot tube (pump) 11 acts to pump the brine to 

the external heat pump through the outlet connection 3. The heat pump provides the thermal energy to the 

process as the brine is circulated. The steam from the first-stage evaporator is condensed on the heat 
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transfer surface 12 of the relatively cold second-stage evaporator. This, in turn, causes evaporation in the 

second-stage evaporator 30. The steam produced flows through a mist separator to the second- stage 

condenser 31. It is condensed on the heat transfer surface 14 of the relatively cold third-stage evaporator 32. 

Once again, evaporation occurs in the third stage evaporator partially due to the condensation in the 

adjacent chamber. The steam produced flows to the third stage condensing chamber 33 and is condensed 

on the primary condensing surface 17. This surface is cooled with the cold distillate. 

The condensate formed at each of the stages 29, 31, and 33 flows to the outer drum owing to 

centrifugal forces. Once on the inside wall of the drum, it flows from one stage to the next until it collects 

in the final condenser chamber 5. Here, it is pumped by the distillate circulation Pitot tube 18 through the 

distillate outlet connection 22 to the cold side of the heat pump. After passing through a trim cooler, the 

cooled distillate enters through the connection 23 and sprays the primary condensing surface 17. The heat 

pump thus provides heating and cooling for the process at an efficiency measured by its coefficient of 

performance (COP). When the volume of distillate increases due to condensation, it is removed through the 

distillate product Pitot tube 19 and the distillate product connection 21. 

When the volume of brine in the circulating loop decreases because of evaporation, fresh urine is 

supplied through the inlet connection 1 to the third-stage evaporator 32. This liquid flows to the periphery 

due to centrifugal forces and forms a liquid ring on the inside of the chamber drum. Some of the entering 

urine is evaporated and the liquid cooled. The steam produced flows through a mist separator to the 

condenser chamber 33. When the volume of liquid increases, the liquid layer becomes deeper and covers 

the third-stage Pitot brine pump 15. It is then pumped to the second-stage evaporator 30 through a passage 

8 in the stationary shaft 25. While the brine is being pumped to the next stage, some of the liquid is sprayed 

on the heat transfer surfaces in the chamber by nozzles 7 and 16. This causes more evaporation by heating 

the condensate in the adjacent chamber. This process is repeated in the second-stage evaporator, where the 

entering brine forms a liquid layer that is pumped to the first-stage through passage 9. While being pumped, 

it is sprayed, evaporated, and cooled. 

Technological uniqueness of multi-stage rotary distillation is protected by the patents of Russia [14], 

Ukraine [15], and USA [16] and is as follows: 

- all processes running in MVRD (heat transfer, vapor separation, growth of concentration 

between the stages, pumping-over of liquid flows) are provided by centrifugal forces exceeding 

gravity by 100 and more times; 

- thin films of evaporating liquid and condensate provide high heat transfer coefficients, low 

pressure  and temperature drops in the stages and in distiller as a whole that is actual for higher 

efficiency of a thermoelectric heat pump; 

- stage design specifics in the absence of gravity and rotor rotation prevent unauthorized migration 

of distillate and processed liquid in the distiller’s cavities; 

- evaporation in thin films moving with high velocity prevents formation of the deposits on heat 

exchanging surfaces; and low requirements to the preliminary treatment of waste water fed to the 

distiller. 

- In Table 1 the results of MRD first model test performed in Thermodistillation Co. in 1991 and 

the test jointly performed by AlliedSignal Со. and NIIKhimMash (Moscow, Russia) in 1999 are 

given [17]. 

In early 2000, Thermodistillation Co. developed, manufactured, and tested a new rotary distillation 

Cascaded Distiller unit [19-21]. This new unit has five stages providing significantly improved 

performance. The principle of its operation completely coincides with that of MVRD described above. 
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Some design changes allowed increasing heat exchange surface of each stage by 17%. In 2009 USA patent 

[18], where only the layout of treated liquid circuit was of principal novelty, was obtained. In this case, the 

initial liquid was directed into the first stage, while the maximal concentration took place in the last stage.  

Table 1  

Results of 3-stage centrifugal distiller tests 

Investigator Liquid 

Rotation 

speed, 

rpm 

Power of 

ТНР, 

W 

Capacity, 

kg/h 

Specific power 

consumption, 

W∙h/kg 

Recovery, 

% 

Water 1500 297 2.80 132  
Thermodistillation Co., 

1991 
Urine 1550 310 2.50 154 91 

NIIKhimMash + 

AlliedSignal Со., 1999 
Urine 1400 293 2.56 144 88 

 

Given in Fig. 2 is the schematic hydraulic representation of CD [22]. 

 

Fig. 2. Schematic hydraulic representation of CD. 

Basic components of a distiller are as follows. The rotating part: rotor 19 subdivided by partitions 18, 

21 – 24 into five stages (I through V) and a final condenser (FC); heat transfer surfaces 8, 10, 13, 24, 25. 

The stationary part are: inlet 17 containing passages for feeding and discharging both liquid and vapor; 

Pitot scoop pumps 4 – 7, 11, 12, 14 – 16 attached to a shaft inside each stage and the final condenser. 

A new thermoelectric heat pump was also developed and manufactured by Altec Ltd. (Chernivtsi, 

Ukraine). Honeywell Inc. has sponsored and led development of the CD and THP. These two devices were 

tested at Thermodistillation's test facilities in Kyiv with participation of Honeywell personnel to evaluate 

water reclamation performance.  

The ALTEC-7001 thermopile based on the Peltier and Joule effects serves as a heat pump  

[22, 23]. It provides heat removal from one object and transfer of it together with the Joule heat to another 

object. The ALTEC-7001 thermopile is comprised of special liquid heat exchangers, thermoelectric 

modules and liquid collectors forming motion of liquids along the heat exchangers. The heat exchangers 

meet high technical requirements, namely they must possess low thermal resistance and, on the other hand, 

must be made of materials resistant to aggressive liquids. Such materials generally possess increased 

thermal resistance.  
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Design optimization of heat exchangers was done by computer simulation. This resulted in heat 

exchanger designs consisting of titanium tubes and aluminum heat concentrators embracing them. To 

assure a turbulent mode of liquid motion, spiral titanium inserts are mounted into titanium tubes. High 

demands are imposed on thermoelectric modules, especially as regards reliability. In order to increase the 

heat pump service life, the module components were connected into parallel-in-series circuits, increasing 

mean time between failures (MTBF) by hundreds of times. 

Figure 3 represents a typical pattern of the thermopile efficiency as a function of electric load and 

liquid temperature difference at the thermopile input. 

The efficiency or heating coefficient has been calculated as the ratio of heat flux output from the 

thermopile heating cavity to electric power input: 

/ ( ) / ( )h ip h h hout hinQ N G c T T IU  , 

where: hG is a mass liquid flow rate in “hot” loop, kg/h; hc is a heat capacity of liquid in “hot” loop, J/kg-

degree; houtT  is a liquid temperature in “hot” loop at thermopile heating cavity output, degree; hinT  is a 

liquid temperature in “hot” loop at thermopile heating cavity input, degree; I ,U are the electric current and 

supply voltage of thermopile, respectively. 

From Fig. 3 it follows that with increasing temperature difference in hout hinT T T    and increasing 

electric load the efficiency is reduced. That is, the increase in each of these j factors results in growing 

temperature difference at thermoelement junctions and the degradation of their characteristics.  

 

Fig. 3. Impact of electric load and difference in temperature of liquid flows at 

 thermopile input on thermopile efficiency: NTHP, W:  

1 – 100; 2 – 150; 3 – 200; 4 – 300; 5 – 400. 

The cascade distillation system is shown in a simplified form in Fig. 4. The system consists of two 

main components: a multi-stage vacuum rotary distiller and a thermoelectric heat pump. The feed liquid, 

such as preserved urine, is fed to the multi-stage vacuum rotary distiller (cascade distiller) where 

evaporation and condensation of water take place. The multiple stages operate in parallel to provide a high 

rate of water production. The energy for the process comes from the heat pump, where the distilled water is 

cooled and the process liquid is heated. Both streams are pumped by the CD in loops to the heat pump and 

return to the CD. The temperatures of the process are 35oC to 45oC for the hot loop and 20oC to 25oC for 

the cold one. The other components of the system are used for the storage and control of the liquids used in 

the process. The feed and removal of liquids are controlled by pressure-controlled valves and do not require 

a digital controller. The feed liquid is held in a run tank and is delivered to the hot loop through a pressure-

controlled valve. The system operates in vacuum and when the volume of the hot loop decreases due to 
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distillation, its pressure decreases and more feed is sucked into the CD. The product or condensate is 

delivered to a product tank through a pressure-controlled valve operating in the reverse direction. In this 

case, the product tank is also held under the system vacuum pressure. When the cold loop volume increases 

due to distillation, its pressure increases and the valve opens to deliver the product. 

The process is operated as a batch process to obtain the maximum recovery of water from the feed 

liquid. The CD distills product water from the hot loop depleting the volume of the hot loop. The feed 

liquid is added to the hot loop to maintain constant volume in the hot loop. This process continues until the 

hot loop is filled with the concentrated brine and the distillation temperature increases. At this point the heat 

pump is turned off and pressure is restored to ambient. This usually occurs when over 90% of the feed 

water is distilled and collected in a product tank. The brine is then pumped out of the system to the brine 

tank and the CD is turned off. A typical batch consists of processing 10 liters of feed, producing 9 liters of 

the product water and one liter of brine. 

 

Fig. 4. Cascade Subsystem Functional Diagram. 

In [27] the test bench made in Honeywell for JSC Advanced Water Recovery Systems 

Development Facility is described. 

In 2007 Honeywell delivered to NASA the systems with CD and THP developed and 

manufactured by Thermodistillation RV Co. From 10.10.2007 to 02.08.2008 the Honeywell 

employees conducted tests of CDS with several liquids [26, 27]. In Tables 2 the averaged data on 

desalination of seven different liquids are given.  

Three competing technologies were evaluated in 2009 for application in a closed loop system, 

including the Vapor Compression Distillation (VCD), CDS, and the Wiped-Film Rotating Disk (WFRD). 

The Distillation Comparison Test evaluated these three distillation technologies at two NASA 

Centers: Marshall Space Flight Center (MSFC) tested the WFRD and the VCD, while the Johnson 

Space Center (JSC) tested the CDS according to the detailed test requirements. The test consisted in 

processing two different waste streams by each of the technologies for a period equivalent to 30 

mission days. The objective of this test was to collect performance data sufficient for the adequate 

comparison of the three technologies. The first waste stream, Solution 1, consisted of pretreated urine 

and pretreated humidity condensate. The second waste stream, Solution 2, included pretreated hygiene 

wastewater (from showering, hand washing, brushing teeth, and wet shaving) plus the pretreated urine 

and pretreated humidity condensate. 
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Table 2  

Summary of Thermodynamic Performance – Solution Verification Test 

Solution Type 
Batch, 

kg 

Prod. rate, 

kg/h 

Recovery, 

% 

Sp. power, 

Wh/kg 

DI water 6.10 4.53 91.3 93.2 

Transit Ersatz 6.37 4.50 77.6 89.3 

EPB, Ersatz 6.11 4.53 75.5 88.5 

MSFC, Real 6.21 4.27 75.9 94.1 

Pretreated Urine (UP) 9.11 4.10 84.4 99.9 

TME 9.53 3.93 84.5 103.7 

UP+HC 6.5 4.40 80.0 93.9 

Quality data on the product obtained after desalination of these two solutions revealed better quality 

in CDS by all parameters. In Tables 3 and 4 the data on four parameters of specific energy for the three 

tested systems are shown [28]. 

Table 3 

Summary of Solution №1 Analytical Data (all units are in mg/L, unless other noted) 

 CDS VCD WFRD 

Parameter Feed Distillate Brine Feed Distillate Brine Feed Distillate Brine 

TOC 9.28 0.04 146.23 10.47 0.08 84 9.7 0.1 81 

Conductivity, 

mS/cm 
1586 18 25064 1417 24.5 21260 1428 25.5 21520 

TIC < 0.5 < 0.5 < 0.5 11.8 4.76 4.4 11.7 < 0.5 5.8 

Ammonia 79 < 0.5 1048 175 0.5 2392 65.3 1.5 169 

Table 4 

Summary of Solution №2 Analytical Data (all units are in mg/L, unless other noted) 

 CDS VCD WFRD 

Parameter Feed Distillate Brine Feed Distillate Brine Feed Distillate Brine 

TOC 5.33 0.03 54.9 5.56 0.05 38.7 8.7 0.11 29.7 

Conductivity, 

mS/cm 
817 9.03 8350 649 15.3 6852 1348 18.2 3250 

TIC <0.5 <0.5 <0.5 7.9 5.64 9.3 13.3 <0.5 10.4 

Ammonia 24.7 <0.5 265.8 51 0.6 263 9.3 <0.5 178.5 
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In Tables 5 and 6 the data on specific energy for the three tested systems are shown. 

It should be noted that WFRD, as shown in [28], is not available for operation under zero-gravity, 

since drain of brine in this distiller is possible due to gravity only. 

In [29] such criteria of the system assessment, likely to be successful and risk, are also given. 

The VCD was predicted likely to be 84 – 90% successful, with 3% risk in the result. The CDS 

technology was predicted to be 84 – 87% successful, with 5% risk in the result. The WFRD was predicted 

to have 52 to 61% of being successful with 7% risk.  

For CDS with its history of development about 10 years such parameters are good enough and close 

to those for VCD with its history exceeding 50 years. 

CDS improvement 

In NASA and Honeywell plans there is development, manufacture, and test of Generation III CD in 

2020. In order to achieve qualitative effect of updating CDS it is necessary to have deep understanding of 

the principles of its operation and impact of many factors on its efficiency. In all cited above sources 

analysis of CDS processes and their effect on the system’s performance are not given. Besides, the same is 

with the data on specific power consumption, capacity, COP, the main parameters of distiller and THP. It 

should be clear that THP specific efficiency depends upon both CD performance (rotation speed, number 

of stages, configuration and size of heat-exchanging surface) and the parameters of electric and hydraulic 

circuits of THP.  

In testing CD-1, CD-2, and CD-3 in Thermodistillation Co. all data required for the future 

predictions and analysis were measured. They are as follows: 

- THP current and voltage to calculate its power; 

- drive current and voltage to calculate drive power; 

- quantity of initial liquid, product;  

- quantity of removed liquid (drainage of distiller); 

- THP hot liquid inlet and outlet temperatures; 

- THP cold liquid inlet and outlet temperatures; 

- flow rate of circulating liquid in hot loop, Gh; 

- flow rate of circulating liquid in cold loop, Gc; 

- steam temperature in condensation zone of the last stage; 

- salt content in concentrate, C; 

- temperature of cooling liquid entering condensation zone of the last stage. 

All these data were fixed with a 6-min interval during the whole cycle of evaporation. The cycles of 

testing (vaporization) equaled to 60, 120, and 180 min. 

Altogether, 240 cycles of testing with water, urine, and NaCl solution were performed. 

For further analysis of the processes by the measured parameters the following parameters were 

calculated: 

- power – NTHP, drive power – Nd; 

- temperature difference in THP, tin = th1 – th2; 

- hot line temperature difference (liquid overheating), th = th – tn; 

- cold line temperature difference, tc = tc2 – tc1; 

- heat quantity released on hot side of THP, h h hQ cG t  ; 

- heat quantity released on cold side of THP, с с сQ cG t  ; 

- THP efficiency, /h THPCOP Q N ; and 
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- specific energy ( ) /e THP h dS N N G  . 

As far back as in 1990 – 1995 we developed the design program of MRD with THP performance to 

evaluate both dynamic characteristics (temperature and pressure changes in specific points of distillation 

system, capacity, specific energy, temperature degradation versus time), as well as integral and average per 

cycle characteristics. Accuracy of the calculations of the expected characteristics first of all depends upon 

accuracy of the heat transfer coefficient U  definition in the distiller stages. The value of U makes it 

possible to determine temperature drop T in each of the stages and in the whole distiller. T defines 

temperature drop between hot and cold sides of THP. 

Parameter COP as a factor of THP efficiency depends upon inT . Heat transfer coefficient is defined 

as 

 
1

1/ α 1/ α δ / λc i u u

U 
 

,  (1) 

where αс is the heat transfer coefficient in condensation on rotating elements of a stage; αi is the heat 

transfer coefficient in liquid film evaporation on rotating elements of the stages; δu and λu are the thickness 

and heat conductivity of heat exchanging surfaces. 

Heat transfer under condensation on the surface rotating disk or cone (95% of heat exchanging 

surface in MRD) was theoretically and experimentally studied in [1-7]. 

It is shown in [1, 2, 5, and 6] that the experimental data are in good agreement with Nusselt’s theory 

for laminar film condensation:  

 
2

1/3 1/3α ν
( ) 0.66Re

λ
c

c

c

Nu
g

  , (2) 

if to replace g in by centrifugal acceleration 2ω sin φR  (φ is the angle between the axis of rotation and 

surface of the heat transfer). In (2) Re / ( μ )cqR r . 

Heat transfer under liquid film evaporation on the rotating surface αv  can also be determined by (2), 

since on the main part of the heat-transferring surface Re / (2π μ ) 50l cG r  , i.e., a laminar flow of 

evaporating liquid takes place. Here vG  is the quantity of liquid, which sprinkles the evaporation surface of 

a stage by Pitot tube. 

In the period of 2001 – 2008 several integral CDS characteristics, such as capacity Gd as a function 

of THP power, rotor speed n and system operation time, THP efficiency (COP as a function of NHPN ) were 

investigated. These data do not permit to analyze the impact of the following parameters of desalination: 

temperature drop at CD stages efT , concentration degree C and temperature degradation degT related to 

it, as well as the flow rate of the circulating liquid in the cold and hot loops of the system Gc and Gh, 

respectively, on these main CDS characteristics. 

In the program close to that described in the report [20] the model has been created for prediction of 

the liquid concentration degree at each stage of CD taking into consideration that the maximal 

concentration takes place in the first stage of distiller. This prediction results in determination of both 

temperature degradation degT  in each stage and general temperature drop in 5 stages degT in any cycle 

interval. 

In Tables 5A and 5B, as an example, the experimental data relating to local characteristics of urine 

concentration process obtained in 2006 are presented. The estimated data on the general temperature drop 
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due to heat transfer efT , experimental general temperature drop at the THP inlet 1 5inT T T   , and 

estimated general temperature drop in distiller degincal efT T T       , where T1 is the experimental 

value of liquid temperature at CD 1st stage outlet and T5 is the temperature of condensate entering THP 

from the condensation chamber of the 5th stage. 

 / ( )ef dT Q U F    , 

where d dQ G r ; 20.35mF  is a general evaporation surface of a CD. 

Table 5 

Summary of Experimental and predicted data 

 
φTHP 

φSP, 

Wh/kg 

Gpr, 

kg/h 

∆Тin, 
oC 

C, 

% 

∆Tdeg, 
oC 

∑∆Tef, 
oC 

∑∆Tcal, 
oC 

A1 2.40 107 2.58 10.2 23 2.4 3.4 5.8 

A2 2.02 116 4.26 14.4 26 2.6 5.5 8.1 

B1 2.62 80 3.41 7.7 23 2.3 4.1 6.4 

B2 2.35 94 5.40 10.8 18 1.8 6.4 8.2 

In Table 5: A1, B1: NTHP = 200 W; A2, B2: NTHP = 400 W. n = 1100 to 1200 rpm. 92 l/hh cG G  . 

As seen from the table, in both cases, given for comparison, the experimental temperature drop at 

THP inlet inT  is by several degrees above the estimated values. 

As the distiller rotor speed increases, the flow rate of the liquid circulating in hot and cold CDS loops 

increases as well. It facilitates the enhancement of convective heat exchange in THP also and decreases the 

total temperature drop Σ∆TTHP that, in its turn, increases COP. This increase equals to 6…8% under growth 

of n from 800 to 1100 rpm. In this case, Nd increases by 2 times. Therefore, it is reasonable to increase the 

flow rate in circulation loops under high loads of THP (> 400 W), when the drive power consumption is 

much lower than THP power. 

Basing on the test results for three CDS systems we have verified several methods of CDS 

performance enhancement.  

Decrease in temperature drop at THP inlet 

The reasons for condensate temperature decrease at the last stage by 3 to 5oC below steam 

temperature in a final condenser were found and eliminated.  

Tests shows that when the overcooling of condensate in the last stage (final condenser) is less and the 

condensate temperature t5 is approaching the steam temperature in the last stage, the temperature drop at 

THP inlet is approaching the predicted value. As a result, under equal initial data THP capacity in the 

experiments is by 25 – 30% higher and specific flow rate by 15 – 20% lower. 

Improvement of THP: electrohydraulic schematic 

In 2015, jointly with ALTEC – 7001 (Chernivtsy, Ukraine), we developed a new two-cascade THP2. 

The main difference between THP2 and THP used by us together with Honeywell earlier in 2004 – 2010 

consists in the about twice times decreased operating current at the same power of the THP.  

Testing of the new THP2 was carried out at the beginning of 2016 at our test bench in 

Thermodistillation RV by using MVRD with three stage by evaporation water and NaCl solution with 

concentration of 2.8% under NTHP = 200 and 300 W. 
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The results of these tests revealed the COP increase by 30% and specific energy decrease  

by 20 - 25%. 

In a 5-stage CD under capacity of 5 l/h in recovering urine application of THP2 will decrease 

specific energy consumption by 20 to 25% down to 80 to 85 W∙h/l. 

Increase in circulating liquid flow rate in hot and cold loops 

The THP efficiency depends upon both inlet temperature difference ∆Tin and temperature drop Σ∆Tm 

in the very THP module. This drop could be reduced by increasing the enhancement of the convective heat 

exchange from both sides of THP working modules. Under the turbulent motion of liquid heat transfer αс is 

proportional to the circulating liquid flow rate in power of 0.8, i.e.,  

αс = f(G0.8). The flow rate in the loops could be increased in two ways: by updating the Pitot tube and by 

application of additional pumps. 

Earlier in testing HVRD we used an additional pump that increased the liquid flow rate in the loop 

by 1.3 to 1.4 times under the power supply not exceeding 10 W. The COP was increased by 10 to 11%. 

Reduction of thermal resistance on rotating heat-exchanging surface 

This method allows reducing the temperature drop ∆Tst at the stages and, respectively, the 

temperature drop at the THP inlet that provides increasing the COP. 

The design of the existing CD gives the possibility to increase heat-exchanging surface by 10 to 15% 

and to reduce the thickness of rotating heat-exchanging elements by 20%. It provides the reduction in Σ∆Tef 

by approximately 15%. 

Conclusion  

The history and evolution of the multi-stage centrifugal vacuum distillation (MRVD) technology for 

water recovery from waste in the space systems of life support are presented. 

The development of this unique technology has been carried out in Kyiv Polytechnic Institute, 

Ukraine in 1988. 

Then this technology was improved by using MRVD with 3 stages. 

Since 2000 Thermodistillation RV Co. developed and manufactured three MRVD systems with five 

stages. These systems named CDS are investigated until now with the outlook of their application in space 

missions. The results of CDS performance enhancement reducing the specific energy consumption by 20 to 

25% are reported. 
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ПОКРАЩЕННЯ МЕТОДІВ ДИСТИЛЯЦІЇ ПРИ ВИКОРИСТАННІ 

ВІДЦЕНТРОВИХ СИЛ ДЛЯ РЕГЕНЕРАЦІЇ ВОДИ ПІД ЧАС 

КОСМІЧНИХ ПОЛЬОТІВ 

Оцінка регенерації й чистоти відпрацьованої води належить до проблем, які необхідно 
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розв'язати під час довгострокових польотів людини в космос. Найбільш перспективним 

методом одержання високоякісної води є імплементація вакуумної роторної дистиляції (VRD). 

Даний метод забезпечує високий ступінь концентрації залишку в порівнянні з іншими 

технологіями  (зворотний осмос і випар на пористих мембранах). Також гарні результати 

відносно індексу споживання електроенергії дають методи багатокаскадної дистиляції 

(MVRD) і термоелектричного теплового насоса (THP). Даний звіт присвячений історії й 

еволюції розробки VRD та THP, починаючи із трьохкаскадного MVRD, розробленого й 

випробуваного в Київському політехнічному інституті (КПІ). В 1999 році компанія 

«Термодистилляция» (Україна) розробила 5-каскадний відцентровий дистилятор, який 

одержав назву каскадного дистилятора (CD). Приводиться аналіз результатів MVRD з 3 

каскадами й CD; розглянуті роботи різних авторів, що вивчали характеристики CD. 

Представлені нові результати, що демонструють поліпшені характеристики MVRD з ТHP. 

Бібл. 29, рис. 4, табл. 5. 

Ключові слова: дистилятор, термоелектричний тепловий насос, гідравлічна схема. 
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УЛУЧШЕНИЕ МЕТОДОВ ДИСТИЛЛЯЦИИ ПРИ  

ИСПОЛЬЗОВАНИИ ЦЕНТРОБЕЖНЫХ СИЛ ДЛЯ  

РЕГЕНЕРАЦИИ ВОДЫ ВО ВРЕМЯ КОСМИЧЕСКИХ ПОЛЕТОВ  

Оценка регенерации и чистоты отработанной воды относится к числу проблем, которые 

необходимо решить во время долгосрочных полетов человека в космос (пилотируемых 

космических полетов). Наиболее перспективным методом получения высококачественной воды 

является имплементация вакуумной роторной дистилляции (VRD). Данный метод 

обеспечивает высокую степень концентрации остатка по сравнению с другими технологиями  

(обратный осмос и испарение на пористых мембранах). Также хорошие результаты в 

отношении индекса потребления электроэнергии дают методы многокаскадной дистилляции 

(MVRD) и термоэлектрического теплового насоса (THP). Данный отчет посвящен истории и 

эволюции разработки VRD and THP, начиная с трехкаскадного MVRD, разработанного и 

испытанного в Киевском политехническом институте (КПИ). В 1999 году компания 

«Термодистилляция» (Украина) разработала 5-каскадный центробежный дистиллятор, 

который получил название каскадного дистиллятора (CD). Приводится анализ результатов 

MVRD c 3 каскадами и CD; рассмотрены работы различных авторов, изучавших 

характеристики CD. Представлены новые результаты, демонстрирующие улучшенные 

характеристики MVRD с ТHP. Библ. 29, рис. 4, табл. 5. 

Ключевые слова: дистиллятор, термоэлектрический тепловой насос, гидравлическая схема. 
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